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Preface 

The mining industry behaves a significant part in the current society. They provide 
coal and hard rock resources to guarantee the normal operation of the current society. 
To guarantee that coal mines and hard rock mines can operate smoothly, ground 
control techniques are compulsory. Among kinds of ground control techniques, rock 
bolts are widely accepted and applied in mine sites. They can improve the stability 
of the excavated rock masses. Consequently, the safety of underground excavations 
and operators can be guaranteed. 

In situ tests show that although rock bolts have been used for a long time, failure 
of the rock bolting system still occurs. Moreover, it is more common to encounter the 
bond failure of the bolt/grout interface. This leads to improper load transfer between 
rock bolts and surrounding rock masses. Furthermore, this induces safety concern 
for the normal operation of mine sites. 

Aiming at solving this issue, this book summarises the recent research work 
regarding by load transfer of rock bolts conducted by the authors. This book is 
divided into seven chapters. Within those seven chapters, the shear behaviour of the 
bolt/grout interface, the shear failure of the cement-based grout, the load transfer 
performance of rock bolts and the parameter analysis on the performance of rock 
bolts are studied. This book is beneficial for researchers and engineers to better 
understanding the load transfer performance of rock bolts. Moreover, it can help 
researchers and engineers to propose and develop new approaches to prevent failure 
of the rock bolting system. 

The publication of this book is financially supported by the National Natural 
Science Foundation of China (52034009, 52174093, 51904302). The authors also
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would like to thank the support provided by the China University of Mining and Tech-
nology (Beijing), and International Joint Research Laboratory of Henan Province 
for Underground Space Development and Disaster Prevention, Henan Polytechnic 
University, China. 

Beijing, China Jianhang Chen 
Yongliang Li 
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Chapter 1 
Introduction 

1.1 Background 

Mining engineering plays a significant role in the current society. It provides the 
energy resources including coal and hard rocks to guarantee the normal operation of 
the society. Therefore, not only developed countries but also developing countries 
still pay much attention to their mining industry. 

This is more obvious in China. For example, the statistical data shows that more 
than a half of the electricity still comes from the thermal power generation. Therefore, 
continuous production of coal resources is important in guaranteeing the normal 
power generation and convenient running of the society. 

To make sure that coal mines can operate stability, the ground control techniques 
are significant. It is well known that after the rock masses around the mineral resources 
are excavated, the rock masses around the excavation tend to move towards the exca-
vation direction. Therefore, to maintain the stability of the underground excavations, 
ground control techniques and instruments should be used. 

Among kinds of ground control techniques and instruments, rock bolts are widely 
accepted and used by mines. The rock bolt is a bar or a cable that is installed in the 
rock mass. Although rock bolts can be divided into frictional bolts or mechanical 
bolts, the laboratory and in situ tests show that the mechanical bolts have better 
performance. 

For mechanical rock bolts, either resin-based or cement-based grout can be used 
as the anchorage agent. These different grouts can be poured into the drilled borehole 
to bond the rock bolt with the surrounding rock mass. As for the in situ practice, the 
point-anchored method or the fully grouted method can be used. However, previous 
research shows that when the fully grouted method is used, there is a better load 
transfer between the rock bolt and the surrounding rock masses [1]. 

Nevertheless, when the fully grouted rock bolts are used, failure of the rock bolting 
system still occurs. A summary of the rock bolting failure modes shows that the 
rock bolting system can fail by different types, including the bond failure at the

© The Author(s) 2023 
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2 1 Introduction

bolt/grout interface, the bond failure at the grout/rock interface, shear failure of the 
grout column, shear failure of the rock mass and tensile rupture of the rock bolt [2]. 

However, it is more common to encounter the bond failure at the bolt/grout inter-
face [3]. The reason is that the shear strength of the bolt/grout interface is much 
smaller than the tensile strength of the rock bolt. Moreover, in the rock bolting 
system, the bolt/grout interface has the relatively smaller contact area. This leads to 
the shear stress concentration at the bolt/grout interface. Consequently, bond failure 
of the bolt/grout interface is more likely to occur. 

To better understand the load transfer mechanism of fully grouted rock bolts and 
prevent bond failure of the bolt/grout interface, this book summarised the previous 
research work conducted by the authors regarding the anchorage performance of rock 
bolts. This book is divided into seven chapters. Within those seven chapters, the shear 
behaviour of the bolt/grout interface, the shear failure of the cement-based grout, the 
load transfer performance of rock bolts and the parameter analysis on the performance 
of rock bolts are studied. This book is beneficial for researchers and engineers to 
better understanding the load transfer performance of rock bolts. Moreover, it can 
help researchers and engineers to propose and develop new approaches to prevent 
failure of the rock bolting system. 

1.2 Book Outline 

This chapter aims at providing the general introduction for this book. The general 
background of rock bolting is illustrated. Then, the basic structure of this book is 
presented. 

Chapter 2 gives a literature review on the shear stress propagation mechanism 
in the rock reinforcement system. More attention is paid to the bolt/grout interface. 
The investigation approaches used in previous research are summarised. Moreover, 
the shear stress propagation process at the bolt/grout interface is elaborated. And a 
detailed discussion is added to analyse the shear stress propagation mechanism of 
the bolt/grout interface. 

Chapter 3 studies the shear behaviour of the cement-based grout. Two different 
water-cement (w/c) ratios are used: 0.4 and 0.5. The numerical compressive strength 
tests are conducted to calibrate the input parameters. Then, the direct shear test is 
simulated to study the shear behaviour of the cement-based grout. Experimental 
direct shear tests are used to confirm the accuracy of the numerical direct shear test. 
Moreover, the shear stress distribution in the cement-based grout is analysed. 

Chapter 4 presents an analytical modelling to investigate the shear behaviour of the 
bolt/grout interface. The bond-slip behaviour of the bolt/grout interface is simulated 
with a tri-linear model. An analytical model is developed based on the shear stress 
propagation mechanism at the bolt/grout interface. The pull-out performance of the 
rock bolts is divided into the elastic, elastic-softening, elastic-softening-debonding, 
softening-debonding and debonding stages. Credibility of the analytical model is 
validated with experimental pull-out tests.
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Chapter 5 studies the influence of the confining medium on the load transfer 
performance of rock bolts. In this chapter, the tri-linear model is still used to depict 
the shear behaviour of the bolt/grout interface. Then, this tri-linear model is incor-
porated into the rock bolting system. After that, based on this analytical model, the 
influence of the confining medium on the load transfer capacity of rock bolts is 
studied. Moreover, the critical influence diameter of the confining medium for the 
rock bolts is analysed. 

Chapter 6 conducts a comprehensive parameter study on the load transfer perfor-
mance of rock bolts. The influence of the bolt diameter, elastic modulus of bolts, 
grouted length of bolts and bond slipping when bond strength reaches is studied. The 
maximum load transfer capacity of rock bolts is analysed and compared. Moreover, 
when the rock bolt reaches the maximum load transfer capacity, the shear stress 
distribution state of the bolt/grout interface is analysed. 

Chapter 7 proposes an analytical model for fully grouted rock bolts based on a 
nonlinear bond-slip model. In this chapter, an exponential nonlinear model is used to 
depict the shear behaviour of the bolt/grout interface. Then, the load transfer perfor-
mance of rock bolt is successfully simulated. Experimental pull-out tests are used to 
confirm that this nonlinear model can be used to simulate the pull-out performance 
of rock bolts. Moreover, the load distribution along the axial direction of rock bolts 
is studied. 
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Chapter 2 
Analysis on the Shear Stress Propagation 
Mechanism in the Rock Reinforcement 
System 

2.1 Introduction 

In rock mechanics, failure of rock masses is commonly encountered [1]. This is 
because fractures distribute non-uniformly in rock masses [2, 3]. Moreover, experi-
ment work proves that rock masses which are full of fractures have quite low strength 
[4]. 

This is more prominent when the rock masses are subjected to manual excavation 
[5]. For example, in civil engineering and mining engineering, excavation activi-
ties are performed to create tunnels, chambers or roadways [6]. These tunnels and 
roadways will be later used in serving transportation and ventilation [7]. 

Attention is paid that this manual excavation disturbs the initial stability of rock 
masses [8]. Moreover, due to manual excavation, stress concentration occurs in rock 
masses [9, 10]. Consequently, fractures are likely to develop in rock masses [11–13]. 
This further weakens the rock mass strength. 

To guarantee the safety of rock mass excavation, rock reinforcement bolts are 
commonly used [14–16]. Experimental work proves that rock reinforcement bolts 
can combine the jointed rock mass. Moreover, once rock masses converge, shear 
deformation will occur in the grout column. Consequently, stress can be transferred 
in the rock reinforcement system [17]. 

During the loading process, the shear stress propagation plays a significant role 
[18]. Therefore, proper understanding the shear stress propagation mechanism in the 
rock reinforcement system is quite significant. 

This paper aims at revealing the shear stress propagation mechanism in the rock 
reinforcement system. To realise this purpose, a literature review was conducted. 
This study is beneficial to propose new reinforcement approaches to prevent rock 
mass failure.

© The Author(s) 2023 
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2.2 Previous Study on the Shear Stress Propagation 

2.2.1 Investigation Approaches 

To study the shear stress propagation mechanism in the rock reinforcement 
system, previous researchers adopted various approaches. Generally, investigation 
approaches can be classified into three different types: experimental tests [19], 
analytical simulation [20, 21] and numerical simulation [12]. 

Experimental tests should be the most credible one. Specifically, strain gauges are 
adhered on the bolt/grout interface [22]. Then, this instrumented bolt is installed in 
a rock block. Grout is used to bond the bolt with the rock block [23, 24]. After full 
curing, the bolt is pulled out. During testing, tensile force distribution along the bolt 
can be measured. Then, Eq. (2.1) is adopted to simply calculate the shear stress at 
the bolt/grout interface [25]. 

τ = 
Db Eb(ε1 − ε2) 

4ΔL 
(2.1) 

where τ: shear stress at the bolt/grout interface; Db: bolt diameter; Eb: elastic modulus 
of the bolt; ε: tensile strain of the bolt; ΔL: spacing between two adjacent strain 
gauges. 

This approach has been used by a number of researchers [26]. However, a short-
coming is that the attached strain gauges are likely to be stripped from the bolt/grout 
interface. To solve this issue, Chekired et al. [27] developed the tension measuring 
device. This device can be mounted on the bolt to measure the strain distribution. 
Additionally, Martin et al. [28] proposed replacing central wire in the cable bolt with 
a modified wire. Specifically, along this modified wire, strain gauges were attached. 

Besides, analytical simulation is an efficient approach to study the shear stress 
propagation mechanism [29]. Specifically, although the bolt may have a long length, 
infinitesimal method can be used to analyse the shear stress at the bolt/grout interface, 
as shown in Eq. (2.2) [30]: 

τ = 
Db 

4 

dσb(x) 
dx 

(2.2) 

where dσ b(x): the increment of the tensile stress in the bolt. 
Then, it is assumed that the bolt/grout interface has the same mechanical property 

[31]. And a bond-slip equation can be used to depict the relationship between the 
shear stress at the bolt/grout interface and the slip [32]. Through incorporating the 
bond-slip equation into Eq. (2.2), analytical equations can be developed. 

This analytical approach was initially proposed by Farmer [33]. However, at that 
period, the debonding behaviour was not considered. Later, this analysis method was 
adopted by others [34]. Aydan et al. [35] made a significant improvement on analytical 
simulation. Their innovation is that the classic tri-linear equation was proposed to
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describe the slip behaviour of the bolt/grout interface. Based on the tri-linear equation, 
the bolt/grout interface encountered the elastic, softening and debonding behaviour. 
Therefore, the bonding and debonding behaviour of the bolt/grout interface can be 
simulated. 

Moreover, the tri-linear equation may be simplified into the bi-linear equation 
to evaluate the shear stress propagation of the bolt/grout interface [36]. The main 
difference between the bi-linear equation and the tri-linear equation is that there is 
no linear softening behaviour in the bi-linear equation. 

In recent years, numerical simulation becomes more popular in rock reinforce-
ment analysis. It is because numerical simulation is powerful in establishing and 
calculating complicated structures [37]. As for the rock reinforcement analysis, more 
research was focused on using the structure element, such as the cable or pile. There 
is a significant difference between the cable and pile. Specifically, the cable only 
considers the longitudinal performance of rock reinforcement bolts. In contrast, the 
pile can analyse both the longitudinal performance and the lateral performance of 
rock reinforcement bolts. 

The advantage is that numerical elements have already been created by the 
commercial company. Therefore, users can conveniently adopt the structure element 
to simulate different rock reinforcement cases. In contrast, the shortcoming is that the 
original constitutive equation may not truly reflect the proper behaviour of the rock 
reinforcement system. For example, in the structure element of cable, the bolt/grout 
interface is assumed to deform following an elastic perfectly plastic equation, as 
shown in Eq. (2.3) [38].

⎧
τ = kgδ

(
δ ≤ δp

)
τ = τp

(
δ >  δp

) (2.3) 

where kg: shear stiffness of the grout column; δ: slip of the bolt/grout interface; δp: 
slip of the bolt/grout interface when the peak strength reaches; τ p: peak strength of 
the bolt/grout interface. 

It neglects the post-failure behaviour of the bolt/grout interface. Therefore, it 
cannot truly simulate the loading performance of bolts without modification. 

Nevertheless, the commercial software usually reserves the secondary develop-
ment interface. For example, for the structure element of cable, the Itasca Company 
prepares a number of FISH functions [39]. For the structure element of pile, the Itasca 
Company creates the TABLE function [40]. Therefore, users can use these FISH func-
tions or TABLE function to modify the original rock reinforcement elements. For 
example, Fig. 2.1 shows the comparison between the original pile and the revised 
pile. Apparently, with the original pile, at the end of the shear stress propagation 
process, the shear stress at the full bolt/grout interface equalled the peak strength. 
This overestimated the loading capacity of bolts. In contrast, with the modified pile, 
there was always a non-uniform shear stress distribution at the bolt/grout interface. 
This was more consistent with the experimental test results. Consequently, it saw a 
wide application of the commercial numerical tools in rock reinforcement analysis 
[41].
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Fig. 2.1 Comparison between the structure element of pile in analysing the shear stress propagation 
process: a original pile; b revised pile 

2.2.2 Shear Stress Propagation Mechanism 

Based on previous research, it is accepted that the shear stress at the bolt/grout 
interface may have a uniform distribution if the anchor length was short enough 
[42]. Benmokrane et al. [43] indicated that when the anchor length is less than four 
times of the bolt diameter, the shear stress can be treated equal. Based on this concept, 
Eq. (2.4) was used to calculate the shear stress at the bolt/grout interface [44]: 

τ = 
F 

π DbL 
(2.4)
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where F: pull-out force; L: anchor length. 
Attention should be noted that Eq. (2.4) is valid when the anchor length is 

constant during the pull-out process. Nevertheless, it is more common to encounter 
the scenario where the anchor length decreases gradually. Then, Eq. (2.5) can be 
used to calculate the shear stress [44]. 

τ = F 

π Db(L − ub) 
(2.5) 

where ub: pull-out displacement. 
More importantly, rock reinforcement bolts usually have a long length [45]. In 

this case, after the bolt is subjected to tensile loading, non-uniform shear stress 
distribution occurs. For the laboratory monotonous loading condition, the bolt usually 
has two ends. One is embedded in the rock block, and it is called as the internal end. 
By contrast, the other one is left outside and it is called as the external end. Since 
there is a non-uniform shear stress distribution, shear stress propagation between two 
ends of the bolts generates. 

Some research indicated that the maximum shear stress under each loading level 
was likely to occur around the same position [46]. Moreover, that position was close 
to the borehole collar. 

In contrast, it is more common to see that during the initial load process, shear 
stress at the borehole collar increased gradually. With the loading increasing, the 
shear stress at the borehole collar increased to the peak strength. Then, it started 
dropping. More interestingly, the maximum shear stress moved towards the internal 
end direction. This shear stress propagation ended when the shear stress at the internal 
end of the bolt reached the peak strength. 

As a validation of this shear stress propagation concept, Rong et al. [47] conducted 
laboratory pull-out tests on bolts. Strain gauges were attached on the bolt/grout inter-
face to record the tensile force distribution. Later, Ma et al. [44] analysed these exper-
imental data. Equation (2.1) was used to calculate the shear stress at the bolt/grout 
interface. The analysis results showed that at the initial loading grade, the shear 
stress at the borehole collar increased gradually. However, after a certain loading 
level, the shear stress at the borehole collar reached the peak strength. With the 
loading level further increasing, the maximum shear stress propagated gradually 
towards the external end. This analysis result was consistent with the above shear 
stress propagation concept. Therefore, the experimental work and the corresponding 
data analysis proved the reliability of the shear stress propagation concept. 

Additionally, the analytical simulation and numerical simulation can better reflect 
the shear stress propagation process. Ren et al. [48] used the classic tri-linear equa-
tion to depict the slip behaviour of the bolt/grout interface. They analysed the shear 
stress propagation process at the bolt/grout interface. The results showed that the 
maximum shear stress at the bolt/grout interface propagated from the external end to 
the internal end. Moreover, although each point at the bolt/grout interface experienced
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the elastic, softening and debonding behaviour, the full bolt/grout interface under-
went five different grades. They were the elasticity, elasticity-weakening, elasticity-
weakening-debonding, weakening-debonding and debonding grades. Later, Blanco 
Martín et al. [49] indicated that when the tri-linear equation was used to depict the 
slip behaviour of the bolt/grout interface, the full bolt/grout interface may undergo 
the pure softening grade. 

It should be mentioned that when different bond-slip equations are used, the full 
bolt/grout interface may undergo different grades. For example, Chen et al. [50] 
indicated that when a bi-linear equation was used to depict the slip behaviour of the 
bolt/grout interface, the full bolt/grout interface only experienced three grades: the 
elastic grade, elastic-debonding grade and debonding grade. 

Although different bond-slip equations can be used, the shear stress propagation 
mechanism was consistent. Specifically, the maximum shear stress at the bolt/grout 
interface consistently propagated from the external end to the internal end, as shown 
in Fig. 2.2.

This finding was also confirmed with numerical simulation. Nemcik et al. [38] 
modified the original structure element in Fast Lagrangian Analysis of Continua 
(FLAC) and simulated the shear stress propagation process at the bolt/grout interface. 
A nonlinear bond-slip equation was used. The results showed that each point at the 
bolt/grout interface obeyed the same nonlinear bond-slip equation. With the loading 
level increasing, the maximum shear stress at the bolt/grout interface propagated 
towards the internal end. This finding was consistent with the others [51]. 

2.3 Discussion 

The shear stress at the bolt/grout interface plays a significant role in determining the 
loading capacity of bolts [52]. Under the static loading condition, the loading capacity 
of bolts equals the sum of the shear force at the bolt/grout interface [53]. Since the 
shear stress at the bolt/grout interface can be calculated directly with the shear force 
at the bolt/grout interface, as shown in Eq. (2.6), there is a close relationship between 
the shear stress at the bolt/grout interface and the loading capacity of bolts [54]. 

τ = 
Fs 

As 
(2.6) 

where Fs: shear force at the bolt/grout interface; As: contact area between the bolt 
and the grout column. 

Therefore, it is valuable to understand the shear stress propagation mechanism 
of bolts. To realise this purpose, previous researchers used various approaches. It is 
believed that the experimental approach is more credible. This is because compared 
with the experimental approach, the analytical simulation and numerical simulation 
usually relied on a number of assumptions [55]. Whether those assumptions are 
reasonable is doubted. In analytical simulation, it is usually assumed that the bolt,



2.3 Discussion 11

0 
0 

Shear slip (mm) 

Sh
ea

r s
tr

es
s (

M
Pa

) 

0 
0 

Shear slip (mm) 

Sh
ea

r s
tr

es
s (

M
Pa

) 

0 
0 

Shear slip (mm) 

Sh
ea

r s
tr

es
s (

M
Pa

) 

0 
0 

Embedment length (mm) 

Sh
ea

r s
tr

es
s (

M
Pa

) 

Level 1 
Level 2 
Level 3 

0 
0 

Embedment length (mm) 

Sh
ea

r s
tr

es
s (

M
Pa

) 

Level 1 
Level 2 
Level 3 
Level 4 
Level 5 

0 
0 

Embedment length (mm) 

Sh
ea

r s
tr

es
s (

M
Pa

) 

Level 1 
Level 2 
Level 3 
Level 4 

(a) 

(c) 

(e) 

(b) 

(d) 

(f) 

Fig. 2.2 Shear stress propagation process: a tri-linear equation; b corresponding shear stress prop-
agation process; c bi-linear equation; d corresponding shear stress propagation process; e nonlinear 
equation; f corresponding shear stress propagation process

grout column and surrounding rock masses deform elastically. In fact, in experimental 
tests, failure of the rock masses may occur because of the radial dilation at the 
bolt/grout interface. Therefore, under this scenario, the analytical simulation which 
assumes that only slip failure occurs at the bolt/grout interface may not be trustable. 

Similarly, in numerical simulation, rock masses are simulated with different 
elastoplastic equations. Among kinds of equations, the Mohr–Coulomb equation
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is more commonly used. This equation is relatively simpler, and its input parame-
ters can be acquired directly from experimental tests. However, it cannot properly 
simulate the post-failure behaviour of rock masses. Specifically, after the peak, the 
strain softening behaviour and residual behaviour of rock masses cannot be properly 
simulated. In this case, the interaction between the numerical rock mass and bolts 
cannot be the same as the reality. This is also the reason why the numerical simulation 
work should be calibrated and compared with experimental results. 

Nevertheless, this is not to deny the significance of analytical simulation and 
numerical simulation. In fact, these two approaches are more powerful for researchers 
to understand the shear stress propagation mechanism of bolts. Therefore, it is 
suggested that combing the experimental tests, analytical simulation and numer-
ical simulation is a better choice in studying the shear stress propagation mechanism 
of bolts. 

2.4 Conclusions 

This paper conducted a literature review on the shear stress propagation mechanism of 
rock reinforcement bolts. The previous investigation approaches were summarised. It 
is concluded that previous researchers usually used the experimental tests, analytical 
simulation and numerical simulation. Among those approaches, the experimental 
approach is more widely used. And the experimental test results are more likely to be 
accepted by others. By contrast, the analytical approach had more degree of freedom. 
With this approach, researchers can use different bond-slip equation to depict the slip 
behaviour of the bolt/grout interface. As for the numerical simulation, it is convenient 
for users since the original constitutive equation has already been created by the 
developer. Moreover, developers usually reserve the secondary development interface 
for users to modify the original constitutive equations. 

As for the shear stress propagation mechanism, it is more commonly agreed that 
during the pull-out process of bolts, the shear stress at the borehole collar firstly 
increased. With the loading level increasing, the shear stress at the borehole collar 
gradually reaches the peak strength. Then, with the further increasing of the loading 
level, the maximum shear stress starts propagating towards the internal end. This 
phenomenon was consistently observed in experimental tests, analytical simulation 
and numerical simulation. 
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Chapter 3 
Numerical Simulation of the Shear 
Behaviour of Cement Grout 

3.1 Introduction 

Cement is grey fine powder that is widely used in civil engineering and mining engi-
neering [1, 2]. In civil engineering, as an important ingredient, cement is always 
mixed with water, sand and rocks to form concrete, which is the commonly used 
construction or building material [3, 4]. In mining engineering, cement is usually 
mixed with water to form the cement grout, which is then poured into drilled bore-
holes to bond the reinforcing tendon, such as rock bolts and cable bolts, with the 
surrounding rock masses [5]. Moreover, the cement can be used as the grouting 
material to be poured into rock mass to improve its mechanical behaviour. 

The mechanical properties of the cement grout have a significant effect in deciding 
the performance of the rock reinforcement systems [6]. Consequently, a vast of 
research has been conducted to study the mechanical behaviour of the cement grout 
[7]. Those studies can be basically divided into studying the axial behaviour of the 
cement grout and shear behaviour of the cement grout. 

To study the axial behaviour of the cement grout, researchers mainly used the 
Uniaxial Compressive Strength (UCS) tests. Feldman and Beaudoin [8] indicated 
that the strength and elastic modulus of the Portland cement grout were largely 
influenced by the porosity. Domone and Thurairatnam [9] found that with the w/c 
ratio decreasing, the strength of the cement grout increased. Hyett et al. [10] evaluated 
the influence of curing time on the grout strength and found that the grout UCS 
increased nonlinearly with the hydration time ranging from 1 to 7 days. Boumiz 
et al. [11] adopted the ultrasonic and calorimetric methods on cement grout. They 
found that the larger the hydration degree, the higher the elastic modulus of the 
cement grout. Li et al. [12] studied the influence of nanoparticles on the performance 
of cement grout. They proved that adding nanoparticles was beneficial for improving 
the grout strength. Mirza et al. [13] revealed that the grout strength increased within 
the curing period, independent of the cement type.
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The above research played an important role in revealing the mechanical perfor-
mance of cement grout. However, experimental tests proved that in the fully grouted 
rock reinforcing system, failure of the system usually occurred at the bolt/grout inter-
face [14]. This was resulted by the low shear strength of the interface [15]. The shear 
behaviour of the cement grout has a significant role in determining the shear strength 
of the bolt/grout interface [16]. Therefore, better understanding the shear behaviour 
of the cement grout was beneficial for preventing failure of the bolt/grout interface. 

To study the shear behaviour of cement grout, researchers commonly used tri-
axial tests and direct shear tests. For tri-axial tests, Hyett et al. [17] studied the 
performance of Portland cement grout with the confining pressure ranging from 5 
to 15 MPa. The results showed that the larger the confining pressure, the higher 
the strength of the cement grout. Moreover, the cohesion and the internal friction 
angle were successfully acquired. Simms and Grabinsky [18] performed tri-axial 
tests on cement material under the confined condition. The results showed that in the 
shearing process, the cementitious material had an apparent tendency to dilate. Sakai 
et al. [19] studied the performance of the cement paste under the tri-axial condition. 
The results proved that increasing the confining pressure changed the sample failure 
mode. Specifically, when the confining pressure was 30 MPa, oblique shear failure 
plane occurred in the sample. However, once the confining pressure was much larger, 
horizontal failure plane occurred in the sample. Aziz et al. [20] conducted tri-axial 
tests on two types of cement grout and used Mohr–Coulomb (MC) model to fit the 
shear strength envelope. A vast of tri-axial tests were conducted by Chen and Xu 
[21] to study the performance of the cement grout under the high confining pressure 
condition. It was found that with the confining pressure increasing, the performance 
of the cement grout changed from brittle to ductile. Moreover, this phenomenon 
was valid independent of the w/c ratio. Those tri-axial testing research improved the 
understanding in the shear behaviour of cement grout. However, in tri-axial tests, the 
shear failure plane occurred dependent on the properties of the grout and the loading 
status [22]. This was not a true reflection of the shear failure of the bolt/grout interface 
in the rock reinforcing system, where the shear failure plane was a pre-defined plane 
[23, 24]. 

Therefore, the direct shear test was a better approach to study the shear behaviour 
of the cement grout for the rock reinforcement scenario. The direct shear test is a 
traditional method to evaluate the shear strength of a material. Normally, a shear 
box is prepared. Then, the tested sample is cut to the desired geometry with the 
required dimension. After that, the sample was set in the shear box and installed in 
the apparatus. Operators can apply normal stress on the sample and then apply shear 
velocity along the shear direction. This test is continued until the shear strength was 
obtained. In this way, the shear strength of the material can be acquired. Moosavi and 
Bawden [25] designed a shear box to conduct direct shear tests on Portland cement 
grout. The results showed that the direct shear test was likely to provide a smaller 
shear strength of the cement grout, when compared with tri-axial tests. Lu and Wang 
[26] performed direct shear tests on cementitious samples with two different w/c 
ratios: 0.3 and 0.4. They found that when the w/c ratio was 0.3, shear strength of 
the cement-based sample increased apparently with normal stress. However, when



3.2 Selection of the Software 19

the w/c ratio was 0.4, shear strength of the cement-based sample did not increase 
much with the normal stress. Assaad et al. [27] proposed using the direct shear test to 
study the yield stress of cement material. The results revealed that the material shear 
strength was largely dependent on the normal stress, following the MC rule. Chen 
et al. [28] compared the shear performance of a Portland cement grout under the 
constant normal load and constant normal stiffness condition. It was found that the 
boundary condition might influence the performance of the cement grout. Li et al. 
[29] adopted the direct shear tests to investigate the influence of particle size on the 
shear strength of cement grout. They found that through adding superfine cement, 
the early-age shear strength parameters of the cement grout can be largely enhanced. 

That research provided new insights and knowledge in revealing the shear perfor-
mance of cement grout. However, most research was conducted with experimental 
tests. Compared with that, much less work has been performed via numerical simu-
lation. Therefore, this study aims at studying the shear behaviour of the cement grout 
with numerical simulation. 

First, a numerical calculating programme was selected to conduct this research. 
After that, numerical direct shear tests were performed to evaluate the shear behaviour 
of the cement grout. Then, the numerical calculating results were validated with 
experimental results. Last, the shear stress distribution on the shear failure plane was 
investigated. 

3.2 Selection of the Software 

In this study, the three-dimensional software FLAC3D was used. This programme 
was developed by the Itasca Consulting Group. 

The reason to use this programme is that the Itasca Company developed the 
interface element in it. This interface element is composed of triangular elements 
and corresponding nodes. Moreover, the interface element is defined with the shear 
coupling constitutive model. In this case, once shear displacement occurs in the 
interface element, shear stress at the interface accumulates and can be calculated. 
Relied on this function, the shear behaviour of a material can be studied. 

The authors of this study previously used the two-dimensional software FLAC 
to simulate the shear failure process of the bolt/grout interface [30]. However, the 
drawback was that the problem was simplified to be two dimensional. Compared 
with FLAC, the advantage of FLAC3D was that it can simulate objects in three 
dimensions. Therefore, it can better reflect the mechanical behaviour of objects. 
Then, in this study, the FLAC3D was used to simulate the shearing process of the 
cement grout.
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3.3 Numerical Simulation Process 

A vast of direct shear tests were performed by Moosavi and Bawden [25]. Those tests 
were used in this study and simulated with FLAC3D. In their study, two different 
w/c ratios were used, namely 0.4 and 0.5. Then, in the following section, numerical 
tests on those two cement grouts were performed. 

3.3.1 Simulation of the Cement Grout with a Higher Strength 

3.3.1.1 Numerical UCS Test and Validation 

Before the direct shear test was conducted, UCS tests were performed to acquire the 
basic mechanical properties of the grout, including the UCS, elastic modulus and the 
Poisson’s ratio. Detailed information about the UCS test process and results were 
reported by Moosavi [24]. Experimental results showed that for the cement grout 
with a w/c ratio of 0.4, the UCS, elastic modulus and Poisson’s ratio were 50.6 MPa, 
12.66 GPa and 0.25. More specifically, in the UCS test, the cement grout was filled 
in PVC tubes with the diameter of 50 mm and the length of 150 mm. 

In numerical simulation in FLAC3D, thew/c ratio cannot be directly simulated. As 
a compromise, the UCS of the numerical mesh was selected as the index to compare 
with the experimental result. In FLAC3D, a numerical UCS test was created (Fig. 3.1).

In the numerical UCS test, a cylindrical mesh was established. At the top and 
bottom of the cylinder, two square steel plates were established to simulate the 
loading plates. The whole mesh was composed of 16,032 zones and 16,531 grid 
points. For the numerical plate, there were 32 zones and 100 grid points. For the 
numerical sample, there were 16,000 zones and 16,441 grid points. 

A strain softening model was used for the cylindrical sample. It was developed 
based on the MC model. Compared with the MC model, the strain softening model 
had additional input parameters: the cohesion table and the internal friction angle 
table. With those two parameters, the cohesion and internal friction angle of the 
materials can decrease with the increasing plastic shear strain. Therefore, this model 
can simulate the post-peak behaviour of materials. 

The reason to use this strain softening model was that this model can simulate the 
post-peak behaviour of materials. Therefore, it is better in reflecting the mechanical 
behaviour of materials. 

An elastic model was used for the square plates. The reason to use the elastic 
model to simulate the square plate was that in the experimental compressive test, the 
cement-based sample was compressed by the steel plate, since the strength of the 
steel plate was much higher than the cement-based sample. Failure only occurred 
in the cement-based sample. The steel plate consistently kept the elastic state. The 
input parameters for the cylindrical sample and the square plates are tabulated in 
Table 3.1.
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Fig. 3.1 Geometry of the UCS test created in numerical simulation

Table 3.1 Input parameters 
for the sample and the plate 

Group Input parameter Value 

Sample Bulk modulus (GPa) 8.44 

Shear modulus (GPa) 5.06 

Cohesion (MPa) 19.3 

Internal friction angle (°) 21 

Tension (MPa) 2 

Plate Bulk modulus (GPa) 133.33 

Shear modulus (GPa) 80 

The velocity of the plates was fixed. Moreover, the initial velocity of the top plate 
along the z-axis was set as −1e−7 m per step (minus represented that the velocity was 
along the negative direction of the z-axis). Since the velocity of the plate was fixed 
during the simulation process, the top plate would decline with a constant velocity. 
Additionally, no velocity was applied on the bottom plate. Consequently, the bottom
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Fig. 3.2 Grid points monitored in the simulation process 

plate would be stable in the whole simulation process. With this method, the sample 
in the middle would be compressed by the top plate to simulate the UCS process. 

In the simulation process, the displacement along the z-axis of four grid points in 
the top plate was monitored (Fig. 3.2). 

Those four displacements were averaged as the uniaxial displacement of the 
sample, as shown in Eq. (3.1). 

sa = sa1 + sa2 + sa3 + sa4 
4 

(3.1) 

where sa: the axial displacement; and sai: the axial displacement of the grid point i 
in the top plate. 

In UCS test, to calculate the Poisson’s ratio, the circumferential strain gauge was 
usually attached at the middle of the sample, to record the circumferential displace-
ment of the sample. Then, in this simulation, the circumferential displacement of 
four grid points at the middle of the outside surface of the sample was monitored. 
Those four displacements were also averaged as the circumferential displacement of 
the sample, as shown in Eq. (3.2). 

sc = sc1 + sc2 + sc3 + sc4 
4 

(3.2) 

where sc: the circumferential displacement of the sample; sci: the circumferential 
displacement of the grid point i at the middle of outside surface of the sample.
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Fig. 3.3 Stress-to-strain 
relationship of the cement 
grout sample
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Since the bottom plate was stabilised in the whole simulation process, the reaction 
force along the z-axis of the grid points at the bottom surface of bottom plate was 
summed. Then, this summed force was divided by the cross-section area of the 
sample, and the result was regarded as the uniaxial compressive stress of the sample. 

Then, the numerical UCS test was conducted. The stress-to-strain relationship of 
the sample is shown in Fig. 3.3. In the numerical simulation, the UCS of the sample 
was 55.87 MPa. 

In the experimental test, the UCS of the cement grout sample was 50.6 MPa, 
which was consistent with the numerical simulation results. 

It also shows that in numerical simulation, after the stress of the sample reached 
the peak, the circumferential strain decreased. To check the reason, the circumferen-
tial displacement of a grid point was taken as an example and plotted. The grid point 
at the right middle of the sample (with an ID of 1430) was selected. The circumferen-
tial displacement of the grid point with the calculating time step is shown in Fig. 3.4. 
The results show that before the calculating time step reached 6650, the circumfer-
ential displacement of the grid point increased. This indicated that the diameter of 
the sample at the middle increased because of the compression. However, after the 
calculating time step reached 6650, the circumferential displacement of the grid point 
started decreasing. This indicated that after the sample reached the peak strength, 
the diameter of the sample in the middle also reached the peak. After the sample 
failed, the diameter of the sample in the middle started decreasing. This explained 
the phenomenon that after the sample reached the peak strength, the circumferential 
strain started decreasing.

Based on the numerical simulation, the elastic modulus and the Poisson’s ratio can 
also be acquired. The results showed that the elastic modulus in numerical simulation 
was 13.47 GPa. The Poisson’s ratio can be calculated with Eq. (3.3) [31]: 

μ = −εc 

εa 
(3.3)
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Fig. 3.4 Circumferential 
displacement of the grid 
point at the right middle of 
the sample
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Table 3.2 Comparison 
between the mechanical 
properties of the cement grout 
acquired from laboratory tests 
conducted by Moosavi [24] 
and calculated from 
numerical simulation 

Properties Laboratory test Numerical simulation 

UCS 50.6 55.87 

Elastic modulus (GPa) 12.66 13.47 

Poisson’s ratio 0.25 0.26 

where μ: Poisson’s ratio; εc: the circumferential strain of the sample; and εa: the  
axial strain of the sample. 

Then, the Poisson’s ratio can be calculated as 0.26. Comparing the elastic modulus 
and Poisson’s ratio acquired from numerical simulation with those acquired from 
experimental tests, there was a close match between them, as shown in Table 3.2. This  
further confirmed that the input mechanical parameters were capable for simulating 
the cement grout. 

3.3.1.2 Numerical Direct Shear Test and Validation 

The input mechanical parameters used in the UCS simulation were then used in this 
section to simulate the direct shear process. Moosavi and Bawden [25] conducted 
experimental direct shear tests on cylindrical samples with a diameter of 100 mm and 
length of 200 mm. The test process was simulated in this section, and the simulation 
result was then validated with experimental results. 

In FLAC3D, a numerical cylindrical sample whose dimension was same as the 
experimental sample was established. The sample was composed of two sections, 
namely the top section and the bottom section. In the whole numerical model, there 
were 18,000 zones and 19,232 grid points. It should be mentioned that in the direct 
shear test, the shear failure plane is a pre-defined plane. Consequently, in numerical
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Table 3.3 Input parameters 
for the interface 

Group Input parameter Value 

Interface Normal stiffness (GPa/m) 40 

Shear stiffness (GPa/m) 8.28 

Cohesion (MPa) 5.3 

Friction angle (°) 30 

simulation, an interface was created at the middle of the sample, namely between the 
top section and the bottom section, to simulate the shear failure plane. The interface 
was composed of 49,128 elements and 24,725 nodes. 

The constitutive model of the created interface was MC model, and the input 
parameters of the interface are tabulated in Table 3.3. 

The top section was fixed along the x-axis. For the bottom section, the external 
surface was fixed along the x-axis and y-axis. This was to simulate that in the exper-
imental test, the bottom sample was restricted by the shear box and no movement 
could occur. As for the bottom surface of the sample, it was fully fixed to simulate 
that in the experiment, the whole sample was supported with a plate. A compressive 
normal stress of 2 MPa was applied on the top surface of the sample. Then, this 
numerical model was calculated until the unbalanced force ratio decreased to 1e−5. 
With this method, the initial normal stress equilibrium condition was acquired. The 
normal stress distribution in the sample is shown in Fig. 3.5. It is apparent to see 
that there was basically a uniform normal stress distribution in the sample. Under 
compression of the normal stress of 2 MPa, the normal stress in the sample was 
around 2 MPa.

Before the direct shear test was performed, the displacement along the shearing 
direction of four grid points at the top surface of the sample was monitored. In the 
simulation process, the displacements of those four grid points were averaged as the 
shear displacement of the sample. 

It is more important to monitor the shear stress in the direct shear test process. To 
acquire this, in each step in the direct shear test process, each node on the interface 
was checked whether that node was still contact. If it was, the shear force of that 
node was recorded and summed. The accumulated shear force was the whole shear 
force of the interface and was then divided by the area of the interface. The result 
was regarded as the shear stress of the interface. 

Then, the direct shear test was performed. A shearing velocity of 1e−6 m per step 
was applied on the top section of the sample. This velocity was kept constant in the 
whole simulation process, to simulate the servo control. The direct shear test was 
conducted until the sample failed. 

The comparison between the numerical simulation result and the experimental 
test result is shown in Fig. 3.6. In numerical simulation, when the shear displace-
ment increased to 0.94 mm, the shear stress of the interface increased to the peak 
of 6.48 MPa. After that, the shear stress decreased gradually. Also, there was a 
close match between numerical and experimental results. This confirmed that numer-
ical simulation was capable in simulating the shear behaviour of the cement grout.
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Fig. 3.5 Normal stress distribution in the sample

It should be mentioned that this comparison was compared with the final shear 
displacement being less than 2 mm.

In the shearing process, the averaged normal stress of the interface was also 
monitored. The variation of the normal stress on the interface is shown in Fig. 3.7. 
Before the shear displacement increased to 0.94 mm, the normal stress of the interface 
increased slightly to the peak of 2.15 MPa. After that, the normal stress of the interface 
decreased gradually. However, in the whole process, the minimum normal stress of 
the interface was 1.99 MPa, which was only a little bit smaller than the maximum 
normal stress of the interface. This indicated that in the direct shear process, the 
normal stress of the interface was not constant although the applied normal stress 
was constant. This was probably due to the separation between the top sample and 
the bottom sample, and the frictional failure of the interface.

After the direct shear test, a plot of the normal stress distribution on the interface 
is shown in Fig. 3.8.
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Fig. 3.6 Comparison 
between numerical 
simulation result and the 
experimental test conducted 
by Moosavi and Bawden [25]
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Fig. 3.7 Variation of the 
normal stress of the shear 
failure plane
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The results showed that the normal stress at the left side of the interface was zero. 
This was due to the separation of the top and bottom samples. Consequently, the 
interface was non-contact around the left side, as shown in Fig. 3.9.

Since it is more important to study the state of the interface that was contact, 
the stresses on the contacted interface were further studied. At the left side of the 
contacted interface, the normal stress was apparently much higher, with a maximum 
normal stress of 3.56 MPa. Moreover, the normal stress on the interface decreased 
towards the shearing direction. At the right side, the normal stress was much lower, 
with a minimum normal stress around 0.75 MPa.
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Fig. 3.8 Normal stress distribution on the shear failure plane

Contacted interfaceContacted interface 

Non-contacted 
interface )b()a( 

Fig. 3.9 State of the interface in the direct shear test: a before the direct shear test; b after the direct 
shear test

As for the shear stresses on the interface, its distribution is shown in Fig. 3.10. 
Around the left side of the whole interface, the shear stress was also zero, due to the 
non-contact of the interface.

As for the contacted interface, the shear stress distribution was apparently not 
uniform. At the left side of the contacted interface, the shear stress was much higher, 
with a maximum of 7.36 MPa. Then, the shear stress decreased towards the shearing 
direction. At the right side, the shear stress was relatively lower, with a minimum 
around 6.0 MPa. This trend was basically consistent with the distribution of the 
normal stress on the interface.
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Fig. 3.10 Shear stress distribution on the shear failure plane

However, attention should be paid that Figs. 3.8 and 3.10 depicted the interface 
stress state after the test. In the middle shearing process, whether the distribution state 
was consistent with them was uncertain. And this will be studied in the following 
section. 

After the direct shear test, the plastic state of the sample is shown in Fig. 3.11. 
In this figure, “tension-n” means that the zone was experiencing tensile failure now. 
“tension-p” means that the zone previously experienced tensile failure. It is apparent 
to see that at the left side of the bottom sample, tensile failure occurred in the sample. 
Specifically, in the bottom sample, tensile failure occurred around the left side. In 
fact, this was consistent with the laboratory experimental test. Moosavi and Bawden 
[25] indicated that in the experimental test, tension crack occurred in the cement 
grout sample around the shear failure plane.

3.3.2 Simulation of the Cement Grout with a Lower Strength 

Numerical simulation was also conducted on the same cement grout type while with 
a relative lower strength. First, the numerical UCS test was performed and compared 
with the experimental result, to confirm the proper input parameters. 

3.3.2.1 Numerical UCS Test and Validation 

The UCS test was simulated in FLAC3D. The simulation process was generally 
consistent with the procedures described above. Therefore, detailed simulation 
procedures were not described here. Only the simulation results were presented.
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Fig. 3.11 Plastic zone 
distribution in the sample

Table 3.4 Comparison 
between the experimental 
result reported by Moosavi 
[24] and calculated from 
numerical simulation 

Properties Laboratory test Numerical simulation 

UCS 40.3 46.09 

Elastic modulus (GPa) 8.571 8.33 

Poisson’s ratio 0.25 0.26 

After the simulation, the stress-to-strain relationship of the sample was obtained. 
When the axial strain increased to 0.53%, the axial stress of the sample reached 
the peak of 46.09 MPa. In experimental test, the measured UCS was 40.3 MPa. 
Therefore, there was a close match between them. 

The elastic modulus and Poisson’s ratio were also obtained. In numerical simu-
lation, the elastic modulus and Poisson’s ratio of the cement grout sample were 
8.33 GPa and 0.26. A comparison between experimental and numerical results 
is shown in Table 3.4. There was a good correlation between them. This further 
confirmed that the input parameters were robust for simulating the cement grout and 
can be used in the following direct shear test. 

3.3.2.2 Numerical Direct Shear Test and Validation 

Then, the numerical direct shear test was performed. And the input parameters of the 
sample were same as those used in the UCS simulation. A comparison between the
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Fig. 3.12 Comparison 
between the experimental 
result reported by Moosavi 
and Bawden [25] and  the  
numerical simulation result 
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experimental and the numerical results is shown in Fig. 3.12. In numerical simulation, 
when the shear displacement increased to 1.41 mm, the shear stress of the interface 
reached the peak, which was 6.02 MPa. Following this, the shear stress reduced 
gradually with the shear displacement. The results also showed that there was a good 
correlation between experimental and numerical results. This further confirmed the 
effectiveness of numerical simulation in evaluating the shear behaviour of the cement 
grout. Attention was paid that in this comparison, the maximum shear displacement 
was less than 1.8 mm. 

Also, the variation of the normal stress on the shear failure plane was checked. In 
the simulation process, the normal stress on the shear failure plane was not constant. 
It had a slight increasing trend at the beginning and then decreased gradually. 

3.4 Analysis on the Shear Stress Distribution 

Figures 3.8 and 3.10 showed that after the direct shear test, the normal stress and 
shear stress distribution on the shear failure plane were not uniform. However, in the 
middle process of the direct shear test, the normal stress and shear stress distribution 
state were uncertain. Therefore, in this section, the distribution of the shear stress 
and normal stress on the shear failure plane was further studied. 

On the numerical shear stress versus shear displacement curve for the cement grout 
with a w/c ratio of 0.4, another three different points when the shear displacement 
increased to 0.6 mm, 0.94 mm and 1.2 mm, were selected. At those points, the shear 
stress and normal stress distribution on the shear failure plane was plotted. 

When the shear displacement was 0.6 mm, the shear stress and normal stress 
distribution on the shear failure plane was shown in Fig. 3.13. At this point, the 
shear stress distribution on the interface was generally uniform. On the contacted
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interface, the maximum shear stress was 4.97 MPa while the minimum shear stress 
was 4.63 MPa. The relative difference between the maximum and the minimum shear 
stresses was only 0.34 MPa and the standard deviation was 0.09. Since this relative 
difference was too small, it can be neglected. 

As for the normal stress, on the contacted interface, there was a non-uniform 
distribution. Specifically, the maximum normal stress was around 2.96 MPa while 
the minimum normal stress was around 1.69 MPa. The relative difference between 
the maximum and the minimum normal stresses was 1.27 MPa, and the standard 
deviation was 0.29. 

When the shear displacement increased to 0.94 m, the distribution of the shear 
stress and normal stress is shown in Fig. 3.14. Currently, there was an apparent non-
uniform distribution of the shear stress on the contacted interface. At the left side, the 
shear stress was relatively higher, with a maximum of 7.33 MPa. As for the right side, 
the minimum was around 6.20 MPa. The relative difference between the maximum
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Fig. 3.13 Distribution of the shear stress and normal stress on the shear failure plane when the 
shear displacement arrived at 0.6 mm: a shear stress distribution; b normal stress distribution; c 
point selected on shear stress–shear displacement curve 
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shear stress and minimum shear stresses was 1.13 MPa, and the standard deviation 
was 0.28. 

The results also revealed that the non-uniform distribution of the normal stress 
became more apparent. On the contacted interface, the maximum normal stress was 
3.63 MPa, occurring at the left side while the minimum normal stress was 1.55 MPa, 
occurring at the right side. The relative difference between the maximum normal 
stress and minimum normal stress was 2.08 MPa, and the standard deviation was 
0.5. 

When the shear displacement reached 1.2 mm, the non-uniform shear stress distri-
bution was still maintained, as shown in Fig. 3.15. On the contacted interface, the 
maximum shear stress was 7.39 MPa while the minimum shear stress was 6.18 MPa. 
The relative difference between the maximum shear stress and the minimum shear 
stress was 1.21 MPa, and the standard deviation was 0.29.

As for the normal stress distribution, it was still non-uniform. At the left side 
of the contacted interface, the normal stress was much higher, with a maximum
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Fig. 3.14 Distribution of the shear stress and normal stress on the shear failure plane when the 
shear displacement arrived at 0.94 mm: a shear stress distribution; b normal stress distribution; c 
point selected on shear stress–shear displacement curve 
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Fig. 3.15 Distribution of the shear stress and normal stress on the shear failure plane when the 
shear displacement arrived at 1.2 mm: a shear stress distribution; b normal stress distribution; c 
point selected on shear stress–shear displacement curve

of 3.61 MPa. At the right side, the normal stress was smaller, with a minimum of 
1.52 MPa. The relative difference between the maximum normal stress and minimum 
normal stress was 2.09 MPa, and the standard deviation was 0.5. 

The above three figures showed that at the beginning of the direct shear test, 
on the contacted area of the shear failure plane, the relative difference between the 
maximum shear stress and minimum shear stress was quite small. However, with the 
shear displacement increasing, the relative difference became larger. 

To show the variation of the relative difference of the shear stresses, in the 
calculating process, the relative difference between the maximum shear stress and 
the minimum shear stress was monitored, as shown in Fig. 3.16. When the shear 
displacement was smaller than 0.81 mm, the relative difference of shear stresses was 
quite small. This indicated that in this stage, the shear stress can be regarded that 
it uniformly distributed on the shear failure plane. However, after that, the relative 
difference of the shear stresses increased dramatically. When the shear displacement
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increased to 0.97 mm, which was around the shear strength point, the relative differ-
ence of the shear stresses was maximal. After that, the relative difference became 
almost constant. 

Meanwhile, the relative difference between the maximum normal stress and 
minimum normal stress was monitored, as shown in Fig. 3.17. It shows that before the 
shear displacement increased to 0.97 mm, which was around the shear strength point, 
the relative difference increased monotonously. After that, the relative difference 
became also constant. 

Fig. 3.16 Variation of the 
relative difference of shear 
stresses in the numerical test 
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Fig. 3.17 Variation of the 
relative difference of normal 
stresses in the numerical test
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3.5 Recommendation for Further Work 

Following the current study, the authors plan to continue the numerical study on the 
shear behaviour of cement grouts. Considering that the shear behaviour of cement 
grouts can also be studied with tri-axial tests, the authors may use the numerical 
method to evaluate the mechanical response of cement grouts under the tri-axial 
loading condition. Its purpose is to reveal the shear failure mechanism of cement 
grout during the tri-axial loading process. 

3.6 Conclusions 

Shear behaviour of the cement grout plays a significant role in determining the 
stability of systems and structures in civil and mining engineering. To better under-
stand the shear behaviour of the cement grout, numerical direct shear tests were 
performed with the FLAC3D software. 

Cylindrical cement grout samples with two different strengths were established 
and numerically simulated. The numerical simulation results were compared with 
experimental results. There was a good correlation between them, confirming that 
numerical simulation can be used to evaluate the shear behaviour of the cement grout. 

The numerical direct shear test results showed that in the shearing process, along 
the shear failure plane, the shear stress at each point was not identical. There was a 
shear stress distribution on the contacted shear failure plane. At the beginning of the 
direct shear test, the relative difference of the shear stresses was quite small. Then, 
in this stage, it can be assumed that there was a uniform shear stress distribution on 
the contacted shear failure plane. However, once the shear displacement increased to 
around the shear strength point, the relative difference of the shear stresses became 
much larger. In this stage, the shear stress was non-uniformly distributed on the 
contacted shear failure plane. After that, the relative difference of the shear stress 
became stable. 

Additionally, although the applied normal stress on the sample was constant, 
the normal stress on the contacted shear failure plane was variable. Before the shear 
strength point, the normal stress increased slightly. After that, the normal stress grad-
ually decreased. There was also a distribution of the normal stress on the contacted 
shear failure plane. This normal stress distribution was not apparent at the begin-
ning of the test. However, when the shear displacement increased to around the 
shear strength point, it became much obvious. Moreover, after that, this non-uniform 
normal stress distribution became stable.
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Chapter 4 
Analytical Modelling to Study the Load 
Transfer Performance of Fully Grouted 
Rock Bolts 

4.1 Introduction 

A rock bolt is a rock tendon which can be either a rod or a strand, installed in a 
borehole to reinforce the surround rock mass and soil [1]. Rock bolts have been used 
in civil and mining for a long time [2]. Numerous filed applications and computer 
simulation have proved that rock bolts play a significant role in improving the internal 
strength of rock mass and enhancing the safety of underground excavations [3–6]. 

The rock bolt reinforcement system is basically composed of four components: the 
surrounding confining medium, e.g. rocks or soils, the rock reinforcement element, 
the internal fixture and the external fixture [7–9]. It is found that all these four 
components have an influence on the performance of a reinforcement system. 

To better understand the performance of the reinforcement system, Thompson 
et al. [10] classified the rock reinforcement system as three types: Continuously 
Mechanically Coupled (CMC), Continuously Frictionally Coupled and Discrete 
Mechanically or Frictionally Coupled. This study deals with fully grouted rock bolts, 
and based on this classification, fully grouted rock bolts belong to the CMC system. 

For the CMC system, cementitious grout or polyester resin can be used to bond 
rock bolts with surrounding confining medium [11–13]. Via the bonding material, 
the load from exterior unstable rock mass can be transferred to interior stable rock 
mass. It should be mentioned that in the in situ applications, rock bolts can encounter 
axial, shear, combined axial and shear loading conditions [14]. However, this paper 
focused on the axial performance of rock bolts. 

Failure of the rock bolting system has different modes. Jeremic and Delaire [15] 
summarised that failure of the rock bolting system can be classified as bond failure of 
the bolt/grout interface, bond failure of the grout/rock interface, failure of the grout 
annulus and failure in the surrounding rock mass. Then, Hutchinson and Diederichs 
[16] added that rupture of the rock tendon also occurred in the in situ scenario. 
Nevertheless, among these failure modes, bond failure of the bolt/grout interface and 
the grout/rock interface are more common to encounter [17].
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J. Chen et al., Bond Failure Mechanism of Fully Grouted Rock Bolts, 
SpringerBriefs in Applied Sciences and Technology, 
https://doi.org/10.1007/978-981-99-0498-3_4 

39

http://crossmark.crossref.org/dialog/?doi=10.1007/978-981-99-0498-3_4&domain=pdf
https://doi.org/10.1007/978-981-99-0498-3_4


40 4 Analytical Modelling to Study the Load Transfer Performance of Fully …

Jalalifar [18] stated that when fully grouted rock bolts were loaded axially, the 
shear stress along the bolt/grout interface was larger than the shear stress along 
the grout/rock interface because the bolt/grout interface had a smaller contact area. 
When the grout and the rock had similar strength, failure was likely to occur along 
the bolt/grout interface. Previous experimental pull-out tests also showed that bond 
failure of the bolt/grout interface occurred in the tests [19, 20]. Therefore, this paper 
deals with the bond failure of the bolt/grout interface. 

Gambarova [21] stated that the bonding performance of the bolt/grout interface 
mainly relies on chemical adhesion, mechanical interlock and friction. Chemical 
adhesion plays a negligible role on the bonding performance and can be easily 
removed after a small relative movement between the bolt and grout [22]. 

To understand the load transfer performance of rock bolts, extensive research has 
been conducted via experimental pull-out tests [23–25]. Compared with that, much 
less work has been conducted with analytical modelling. Hawkes and Evans [26] 
conducted the pioneering work in analytically modelling the load transfer of rock 
bolts. Specifically, an analytical model was proposed to evaluate the load distribution 
along a fully grouted rock bolt. However, this assumption was only valid in the 
coupling stage. In the modelling process, a linear relationship between the axial stress 
in the bolt and the shear stress along the bolt/grout interface was assumed. However, 
this assumption was credible when the bolt was fully coupled with the surrounding 
medium. With the axial load in the bolt increasing, debonding occurred along the 
bolt/grout interface and this assumption may not be valid again. Farmer [27] deduced 
an analytical model to study the load distribution along a rock bolt. In this analytical 
model, it was assumed that the shear stress along the bolt/grout interface was linear 
with the grout shear modulus. Therefore, this model was only applicable when the 
bolt/grout interface underwent elastic behaviour. Once debonding occurred along the 
bolt/grout interface, the credibility of this analytical model decreased. Aydan et al. 
[28] deduced an analytical solution to study the load transfer of rock bolts. However, 
no experimental work was conducted to validate the credibility of the model. Rajaie 
[29] studied the load transfer of cable bolts and an energy approach was adopted to 
analyse the loading process of cable bolts. There was a good correlation between 
laboratory results and analytical results. However, this model mainly focused on the 
peak load calculation and no equation was deduced to calculate the load variation 
with displacement in the pull-out process. Therefore, this model cannot be used to 
study the load–displacement relationship of cable bolts. 

Yazici and Kaiser [30] proposed a bond strength model to study the load transfer 
of plain cable bolts. Later, this model was modified to study the influence of stress 
change on load transfer of cable bolts [31]. This model treated the bolt/grout inter-
face as a zigzag geometry, similar to a rock joint. For the rock joint, strength of 
the rock is usually weak along two sides. However, for the cable bolting system, 
strength of the steel is much higher along the bolt side. Following that, Hyett et al. 
[32] developed a constitutive model to study the load–displacement performance of 
cable bolts. Two different boundary conditions, constant normal stress and constant 
normal stiffness, were considered. This model assumed that the shear stress along 
the bolt/grout interface was uniform. However, experimental work proved that when
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the bolt had a long embedment length, the shear stress along the bolt/grout interface 
was not uniform [22]. Therefore, this model was applicable to calculate the load– 
displacement relationship for short-embedded bolts. However, it may not be suitable 
for long-embedded bolts. A load distribution model was proposed by Hyett et al. 
[33]. This model can study the load distribution in the embedment section and the 
anchor section. Moosavi [34] developed an analytical model for modified cable bolts. 
However, when modified cable bolts were used to reinforce rock masses, the modi-
fied geometry can be installed at different positions in the embedment section. And, 
the influence of the modified geometry position on the load transfer performance of 
cable bolts was not considered. Li and Stillborg [35] developed an analytical model 
to study the load distribution of rock bolts. The bolt/grout interface was assumed to 
be composed of four sections: completely debonded, partially debonded, softening 
and elastic. 

Cai et al. [36] used a modified shear-lag model to study the load transfer of rock 
bolts. However, the softening behaviour of the bolt/grout interface was neglected. 
Xiao and Chen [37] assumed that the bolt/grout interface underwent elastic, softening 
and debonding stages and developed a model for rock bolts. Ren et al. [38] deduced 
the load transfer process of rock bolts with an analytical model. Experimental work 
was used to validate the credibility of this analytical model. However, when deducing 
the analytical model, it was assumed that the shear slippage of the bolt/grout inter-
face was equal to the axial displacement of the rock bolt. Then, the displacement of 
the surrounding confining medium was neglected. Consequently, this model cannot 
be used to study the influence of the surrounding confining medium on the perfor-
mance of rock bolts. Blanco Martín et al. [39] proposed an analytical solution to 
evaluate the load–displacement performance of rock bolts. Jalalifar [40] evaluated 
the performance of rock bolts installed in an elastoplastic rock mass. In this model, 
it was assumed that the shear force in the grout annulus had a linear relationship 
with the shear slippage. Therefore, this model was only valid when the bolt/grout 
interface underwent elastic deformation. After the bolt/grout interface started plastic 
deformation, this model was not valid again. Cao et al. [41] studied the influence of 
rib geometry on the bonding capacity of rock bolts. It was predicted that rock bolts 
with small rib face angles were more effective in hard rock conditions. 

Ma et al. [42] used a nonlinear equation to depict the bond-slip behaviour of the 
bolt/grout interface and studied the load transfer of rock bolts. Later, the model was 
modified to study the influence of free-end slip on the performance of rock bolts 
[43]. However, in this model, an empirical equation was used to depict the bond-
slip relationship of the bolt/grout interface. Therefore, the properties of the rock 
bolting system may modify the coefficients in the bond-slip model. Consequently, 
this model cannot be used to predict the influence of rock mass confinement on 
the performance of rock bolts. Chen et al. [13] used an analytical model to study 
the axial performance of cable bolts. However, the model was only appropriate for 
laboratory pull-out scenario. Li et al. [44] developed an analytical model to study 
the load transfer of modified cable bolts. Cable bolts with short embedment length
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were used to validate the model. However, in situ tests proved that the installed cable 
bolts can be very long for the field scenario [45]. And whether this model can be 
used to study the performance of cable bolts with long embedment length was not 
discussed. 

The literature review shows that for the rock bolting system, when the shear 
behaviour of the bolt/grout interface was depicted with a bond-slip equation, different 
analytical models can be used, such as the exponential model [42] or the tri-linear 
model [46]. Among them, the tri-linear model considers the elastic, softening and 
debonding behaviour of the bolt/grout interface and thus is more commonly used. 
However, when the tri-linear model was incorporated into the rock bolting system 
to deduce the load–displacement relationship of rock bolts, the involvement of the 
surrounding confining medium was usually not considered. 

It should be mentioned that Vaculik et al. [47] conducted an analytical study to 
evaluate the load-slip relationship of the FRP-to-substrate joints with the bond-slip 
model. A framework was proposed to depict the performance of FRP-to-substrate 
joints. However, for the rock bolting system, cylindrical rock bolts are always used 
to reinforce the excavated rock masses, such as tunnels, roadways and stopes [48, 
49]. Therefore, this paper applies the method proposed by Vaculik et al. [47] into the 
fully grouted rock bolting system and further deduced the specific analytical solution 
for fully grouted rock bolts. Additionally, they evaluated the performance of FRP-
to-substrate joints with the embedment length ranging from short to long. However, 
for fully grouted rock bolts, the embedment length is usually extremely long [45, 
50]. For example, Cao et al. [51] summarised that the embedment length for a rock 
bolt can be around 3 m. Furthermore, when the cable bolt is used, the embedment 
length may range from 3 to 15 m. Considering this, this paper especially focused on 
the long embedment length scenario for rock bolts. 

First the relationship between the shear stress of the bolt/grout interface and the 
shear slippage was simulated with a tri-linear model. Then, the pull-out process of 
rock bolts was analysed with five stages: elastic, elastic-softening, elastic-softening-
debonding, softening-debonding and debonding stages. After that, the analytical 
model was validated with experimental pull-out tests. Last, a parametric study was 
conducted to evaluate the influence of elastic modulus of the confining medium, 
the shear strength of the bolt/grout interface and the residual shear strength of the 
bolt/grout interface on the load transfer performance of rock bolts. 

4.2 Analytical Modelling 

4.2.1 Bond-Slip Model 

A tri-linear model was used to depict the bond-slip behaviour of the bolt/grout inter-
face. The tri-linear model is composed of three parts: ascending section, descending 
section and horizontal section [13, 38], as shown in Fig. 4.1. Specifically, with the
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Fig. 4.1 A tri-linear model 
[13, 38, 47] 

δr δ 

τ 

δp 

τr 

τ p 

shear slippage of the bolt/grout interface increasing from 0 to δp, the shear stress 
increases linearly from zero to the shear strength of the bolt/grout interface. Then, 
with δ increasing to δr, the shear stress decreases linearly to the residual shear strength 
of the bolt/grout interface. After δr, the shear stress keeps constant and equals τ r. 

Therefore, the tri-linear model can be expressed as Eq. (4.1a–4.1c) [13, 38]: 

τ = 
τp 

δp 
δ

(
0 ≤ δ ≤ δp

)
(4.1a) 

τ = 
τpδr − τrδp 

δr − δp 
− 

τp − τr 
δr − δp 

δ
(
δp < δ  ≤ δr

)
(4.1b) 

τ = τr (δ >  δr) (4.1c) 

where τ p: shear strength of the bolt/grout interface; τ r: residual shear strength of the 
bolt/grout interface; and δr: shear slippage when the residual shear strength of the 
bolt/grout interface reaches. 

4.2.2 Governing Equation 

In previous research, the shear slippage of the bolt/grout interface was usually simpli-
fied as the axial displacement of the rock bolt [38, 42]. However, previous experi-
mental work proved that the shear slippage of the bolt/grout interface was different 
from the axial displacement of the rock bolt because of the displacement of the 
confining medium [52]. Furthermore, Hyett et al. [33] found that the displacement 
of the confining medium had an apparent influence on the load transfer performance 
of rock bolts. Therefore, neglecting the displacement of the confining medium in
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the analytical model could not properly reflect the load transfer performance of rock 
bolts. Considering this issue, in this paper, the displacement of the confining medium 
was included. 

Since this study aims at studying the bond failure of the bolt/grout interface, the 
grout/medium interface was assumed to be intact in the pull-out process of rock 
bolts. Then, the shear slippage of the bolt/grout interface was defined as the relative 
movement between the rock bolt and the confining medium [53, 54]: 

δ(x) = ub(x) − um(x) (4.2) 

where δ(x): shear slippage of the bolt/grout interface at the position of x; ub(x): rock 
bolt displacement at the position of x; and um(x): confining medium displacement at 
the position of x. 

Differentiating Eq. (4.2) twice with respect to x leads to: 

d2 δ(x) 
dx2 

= 
d2 ub(x) 
dx2 

− 
d2 um(x) 
dx2 

(4.3) 

The axial stress in the rock bolt can be expressed with the displacement of the 
rock bolt. As for the confining medium, this is also applicable. Then, the following 
equations can be acquired [40]: 

σb(x) = Eb 
dub(x) 
dx 

(4.4) 

σm(x) = Em 
dum(x) 
dx 

(4.5) 

where σ b(x): axial stress in the rock bolt at the position of x; Em: elastic modulus of 
the confining medium; and σm(x): axial stress applied on the confining medium. 

Substituting Eqs. (4.4) and (4.5) into (4.3) leads to: 

d2 δ(x) 
dx2 

= 
1 

Eb 

dσb(x) 
dx 

− 
1 

Em 

dσm(x) 
dx 

(4.6) 

According to the mechanical equilibrium, the relationship between the axial stress 
in the bolt and the axial stress applied on the confining medium can be expressed as 
[55]: 

σm = −σb 
πr2 b 
Am 

(4.7) 

where Am: cross-section area of the confining medium; and rb: rock bolt radius. 
Substituting Eq. (4.7) into Eq. (4.6) leads to:
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Fig. 4.2 The cross-section 
view of a rock bolting system 
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d2 δ(x) 
dx2 

=
(

1 

Eb 
+ πr2 b 

Em Am

)
dσb(x) 
dx 

(4.8) 

The relationship between the axial stress in the rock bolt and the shear stress along 
the bolt/grout interface can be seen in Fig. 4.2. 

Then, the following equation can be acquired [42]: 

τ (x) = 
rb 
2 

dσb(x) 
dx 

(4.9) 

where τ (x): shear stress of the bolt/grout interface at the position of x. 
Substituting Eq. (4.9) into Eq. (4.8) leads to: 

d2 δ(x) 
dx2 

− 
2 

rb

(
1 

Eb 
+ πr2 b 

Em Am

)
τ (x) = 0 (4.10) 

It is defined that: 

λ2 = 
2 

rb

(
1 

Eb 
+ πr2 b 

Em Am

)
(4.11) 

Then, Eq. (4.10) can be written as: 

d2 δ(x) 
dx2 

− λ2 τ (x) = 0 (4.12) 

Equation (4.12) is the governing equation of this analytical model, and it can be 
solved with the pre-defined shear stress equations. 

4.2.3 Pull-Out Stages of Rock Bolts 

According to previous research, the pull-out stages of the bolt/grout interface can 
be classified as elastic stage, elastic-softening stage, elastic-softening-debonding
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stage, softening-debonding stage and debonding stage [38, 53, 56]. Therefore, in the 
following contents, the pull-out process of a rock bolt was analysed with those five 
stages. 

4.2.3.1 Elastic Stage 

When the pull-out load is small, the bolt/grout interface undergoes elastic deforma-
tion. And the full bolt/grout interface is elastic, as shown in Fig. 4.3. 

Then, Eq. (4.1a) can be substituted into Eq. (4.12), leading to: 

d2 δ(x) 
dx2 

− 
τp 

δp 
λ2 δ(x) = 0 (4.13) 

It is defined that: 

λ2 
1 = 

τp 

δp 
λ2 (4.14) 

Then, Eq. (4.13) can be written as: 

d2 δ(x) 
dx2 

− λ2 
1δ(x) = 0 (4.15) 

Equation (4.15) can be solved with boundary conditions. First, the axial stress in 
the bolt should be deduced. According to Eq. (4.2), the following equation can be 
acquired: 

dδ(x) 
dx

= 
dub(x) 
dx

− 
dum(x) 
dx 

(4.16) 

It can be further written as:

D
b 

Elastic: L 

Confining medium 
Grout 

Rock bolt 

Free end Loaded end 

Fig. 4.3 The full bolt/grout interface is elastic in the elastic stage 
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dδ(x) 
dx 

= 
σb(x) 
Eb 

− 
σm(x) 
Em 

(4.17) 

Substituting Eq. (4.7) into Eq. (4.17) leads to: 

dδ(x) 
dx 

=
(

1 

Eb 
+ πr2 b 

Em Am

)
σb(x) (4.18) 

Substituting Eq. (4.11) into Eq. (4.18), the axial stress in the bolt can be written 
as: 

σb(x) = 
2 

rbλ2 

dδ(x) 
dx 

(4.19) 

The boundary conditions are: 

σb(x = 0) = 0 (4.20) 

σb(x = L) = 
F 

πr2 b 
(4.21) 

Combining Eqs. (4.19), (4.20) and (4.21) with Eq. (4.15) leads to: 

δ(x) = Fλ1δp 

2πrbτp sinh(λ1L) 
cosh(λ1x) (4.22) 

σb(x) = F 

πr2 b sinh(λ1L) 
sinh(λ1x) (4.23) 

τ (x) = Fλ1 

2πrb sinh(λ1L) 
cosh(λ1x) (4.24) 

It is defined that at the loaded end, the shear slippage of the bolt/grout interface 
is equal to the pull-out displacement of the rock bolt [57]. Substituting x = L into 
Eq. (4.22), the pull-out load of the rock bolt can be expressed as: 

F = 
2πrbτp tanh(λ1L) 

λ1δp 
ub (4.25) 

At the end of this stage, the shear stress at the position of x = L increases to the 
shear strength of the bolt/grout interface. Therefore, substituting τ (x = L) = τ p into 
Eq. (4.24) leads to: 

Fsof = 
2πrbτp tanh(λ1L) 

λ1 
(4.26)
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where Fsof: pull-out load when the bolt/grout interface starts softening. 

4.2.3.2 Elastic-Softening Stage 

In the elastic-softening stage, the full bolt/grout interface is composed of elastic 
section and softening section, as shown in Fig. 4.4. 

It is defined that as is the softening length. In the elastic-softening stage, the 
interface in the domain [0, L − as] is still elastic. A boundary condition is Eq. (4.20) 
and the other boundary condition is: 

τ (x = L − as) = τp (4.27) 

Combining Eqs. (4.9), (4.19), (4.20) and (4.27) with Eq. (4.15) leads to: 

δ(x) = δp 

cosh(λ1(L − as)) 
cosh(λ1x) (4.28) 

σb(x) = 2τp 
rbλ1 cosh(λ1(L − as)) 

sinh(λ1x) (4.29) 

τ (x) = τp 

cosh(λ1(L − as)) 
cosh(λ1x) (4.30) 

Substituting x = L − as into Eq. (4.29), the axial stress can be acquired: 

σb(x = L − as) = 
2τp 
rbλ1 

tanh(λ1(L − as)) (4.31) 

In the domain [L − as, L], the bolt/grout interface softens. Substituting Eq. (4.1b) 
into Eq. (4.12) leads to:

D
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Rock bolt 

Fig. 4.4 The full bolt/grout interface is composed of elastic section and softening section in the 
elastic-softening stage 
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d2 δ(x) 
dx2 

+ λ2 τp − τr 
δr − δp 

δ(x) − λ2 τpδr − τrδp 
δr − δp 

= 0 (4.32) 

It is defined that: 

λ2 
2 = 

τp − τr 
δr − δp 

λ2 (4.33) 

Therefore, Eq. (4.32) can be further written as: 

d2 δ(x) 
dx2 

+ λ2 
2δ(x) − λ2 

2 

τpδr − τrδp 
τp − τr 

= 0 (4.34) 

The boundary conditions are Eqs. (4.27) and (4.31). Combining Eqs. (4.9), (4.19), 
(4.27) and (4.31) with Eq. (4.34) leads to: 

δ(x) = 
λ1δp 

λ2 
tanh(λ1(L − as)) sin(λ2(x + as − L)) 

− 
λ2 
1δp 

λ2 
2 

cos(λ2(L − as − x)) + 
τpδr − τrδp 

τp − τr 
(4.35) 

σb(x) = 
2τp 
rb

(
1 

λ1 
tanh(λ1(L − as)) cos(λ2(L − as − x)) 

+ 
1 

λ2 
sin(λ2(x + as − L))

)
(4.36) 

τ (x) = τp
(

λ2 

λ1 
tanh(λ1(L − as)) sin(λ2(L − as − x)) + cos(λ2(L − as − x))

)

(4.37) 

Substituting x = L and σb(x = L) = F 
πr2 b 

into Eqs. (4.35) and (4.36), respectively, 
the pull-out displacement and pull-out load of the rock bolt can be acquired: 

F = 2πrbτp
(

1 

λ1 
tanh(λ1(L − as)) cos(λ2as) + 

1 

λ2 
sin(λ2as)

)
(4.38) 

ub = 
λ1δp 

λ2 
tanh(λ1(L − as)) sin(λ2as) − 

λ2 
1δp 

λ2 
2 

cos(λ2as) + 
τpδr − τrδp 

τp − τr 
(4.39) 

At the end of this stage, the shear stress at the position of x = L reduces to τ r. 
Therefore, substituting τ (x = L) = τ r into Eq. (4.37) leads to: 

cos(λ2as) − 
λ2 

λ1 
tanh(λ1(L − as)) sin(λ2as) = 

τr 

τp 
(4.40)
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For an infinite embedment length, tanh(λ1(L − as)) is equal to 1. Then, the softening 
length when the elastic-softening stage ends can be acquired: 

as1 = 
1 

λ2 

⎛ 

⎝arcsin 
λ1 /

λ2 
1 + λ2 

2 

− arcsin 
τrλ1 

τp

/
λ2 
1 + λ2 

2 

⎞ 

⎠ (4.41) 

where as1: the softening length when the elastic-softening stage ends. 

4.2.3.3 Elastic-Softening-Debonding Stage 

After τ (x = L) reduces to τ r, the bolt/grout interface enters the elastic-softening-
debonding stage. In this stage, the full bolt/grout interface is composed of elastic 
section, softening section and debonding section, as shown in Fig. 4.5. 

Assuming that the debonding length is ad, the bolt/grout interface in the domain 
[0, L − ad − as] is still elastic. Therefore, Eqs. (4.28), (4.29) and (4.30) are still valid 
if L is replaced with L − ad: 

δ(x) = δ1 

cosh(λ1(L − ad − as)) 
cosh(λ1x) (4.42) 

σb(x) = 2τp 
rbλ1 cosh(λ1(L − ad − as)) 

sinh(λ1x) (4.43) 

τ (x) = τp 

cosh(λ1(L − ad − as)) 
cosh(λ1x) (4.44) 

As for the domain [L − ad −as, L − ad], the bolt/grout interface softens. Therefore, 
Eqs. (4.35), (4.36) and (4.37) are still valid if L is replaced with (L − ad):
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Rock bolt 

Fig. 4.5 The full bolt/grout interface is composed of elastic section, softening section and 
debonding section in the elastic-softening-debonding stage 
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δ(x) = 
λ1δp 

λ2 
tanh(λ1(L − ad − as)) sin(λ2(x + ad + as − L)) 

− 
λ2 
1δp 

λ2 
2 

cos(λ2(L − ad − as − x)) + 
τpδr − τrδp 

τp − τr 
(4.45) 

σb(x) = 
2τp 
rb

(
1 

λ1 
tanh(λ1(L − ad − as)) cos(λ2(L − ad − as − x)) 

+ 
1 

λ2 
sin(λ2(x + ad + as − L))

)
(4.46) 

τ (x) = τp
(

λ2 

λ1 
tanh(λ1(L − ad − as)) sin(λ2(L − ad − as − x)) 

+ cos(λ2(L − ad − as − x))) (4.47) 

Substituting τ (L − ad) = τ r into Eq. (4.47) leads to: 

cos(λ2as) − 
λ2 

λ1 
tanh(λ1(L − ad − as)) sin(λ2as) − 

τr 

τp 
= 0 (4.48) 

Equation (4.48) depicts the relationship between ad and as. It shows that in this 
stage, the softening length keeps varying with the debonding length increasing. 
Combining Eqs. (4.45) and (4.48) together, the shear slippage of the bolt/grout 
interface at the position of x = L − ad can be acquired: 

δ(x = L − ad) = δr (4.49) 

Substituting x = L − ad into Eq. (4.46), the axial stress can be acquired: 

σb(x = L − ad) = 
2τp 
rb

(
1 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) 

+ 
1 

λ2 
sin(λ2as)

)
(4.50) 

For the domain [L − ad, L], the bolt/grout interface debonds and the shear stress 
equals τ r: 

τ (x) = τr (4.51) 

Also, Eq. (4.1c) can be substituted to Eq. (4.12), leading to: 

d2 δ(x) 
dx2 

= λ2 τr (4.52) 

Substituting Eqs. (4.19), (4.49) and (4.50) into Eq. (4.52) leads to:
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δ(x) = δr + 
1 

2 
λ2 τr

(
x2 − (L − ad)2

) +
(

τpλ
2 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) 

+ 
τpλ

2 

λ2 
sin(λ2as) − λ2 τr(L − ad)

)
(x + ad − L) (4.53) 

σb(x) = 
2τp 
rb

(
1 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) + 

1 

λ2 
sin(λ2as)

)

+ 
2τr 
rb 

(x + ad − L) (4.54) 

Substituting x = L and σb(x = L) = F 
πr2 b 

into Eqs. (4.53) and (4.54), the pull-out 
displacement and load of the rock bolt can be acquired: 

ub = δr + 
λ2a2 d τr 

2 
+

(
τpλ

2 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) + 

τpλ
2 

λ2 
sin(λ2as)

)
ad 

(4.55) 

F = 2πrb
(

τp 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) + 

τp 

λ2 
sin(λ2as) + τrad

)
(4.56) 

The maximum pull-out load occurs in this stage and can be acquired by solving 
Eqs. (4.48) and (4.56) together. 

At the end of this stage, the elastic length disappears. Therefore, L − ad = as. 
Substituting it into Eq. (4.48) leads to: 

as2 = 
1 

λ2 
arccos

(
τr 

τp

)
(4.57) 

where as2: softening length when the elastic-softening-debonding stage ends. 

4.2.3.4 Softening-Debonding Stage 

After the elastic length disappears, the bolt/grout interface enters softening-
debonding stage. In the domain [0, L − ad], the bolt/grout interface softens. Substi-
tuting Eqs. (4.9), (4.19) and (4.20) and τ (x = L − ad) = τ r into Eq. (4.34) leads 
to: 

δ(x) = τr
(
δp − δr

)

(
τp − τr

)
cos(λ2(L − ad)) 

cos(λ2x) + 
τpδr − τrδp 

τp − τr 
(4.58) 

σb(x) = 2τr 
rbλ2 cos(λ2(L − ad)) 

sin(λ2x) (4.59)
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τ (x) = τr 

cos(λ2(L − ad)) 
cos(λ2x) (4.60) 

Substituting x = L − ad into Eqs. (4.58) and (4.59) leads to: 

δ(x = L − ad) = δr (4.61) 

σb(x = L − ad) = 
2τr 
rbλ2 

tan(λ2(L − ad)) (4.62) 

For the domain [L − ad, L], the bolt/grout interface debonds. Substituting Eqs. (4.19), 
(4.61) and (4.62) into Eq. (4.52) leads to: 

δ(x) = δr + 
λ2τr 

2

(
x2 − (L − ad)2

)

+
(

λ2τr 

λ2 
tan(λ2(L − ad)) − λ2 τr(L − ad)

)
(x + ad − L) (4.63) 

σb(x) = 
2τr 
rb

(
tan(λ2(L − ad)) 

λ2 
+ x + ad − L

)
(4.64) 

Substituting x = L and σb(x = L) = F 
πr2 b 

into Eqs. (4.63) and (4.64), the pull-out 
displacement and load of the rock bolt can be acquired: 

ub = δr + λ2 τrad

(
ad 
2 

+ 
tan(λ2(L − ad)) 

λ2

)
(4.65) 

F = 2πrbτr
(
tan(λ2(L − ad)) 

λ2 
+ ad

)
(4.66) 

At the end of this stage, the debonding length equals the full embedment length. 
Therefore, substituting ad = L into Eqs. (4.65) and (4.66), the pull-out displacement 
and load of the rock bolt at the end of the softening-debonding stage can be acquired: 

ub0 = δr + 
λ2τrL2 

2 
(4.67) 

F0 = 2πrbτrL (4.68) 

where ub0: pull-out displacement of the rock bolt at the end of the softening-
debonding stage; and F0: pull-out load of the rock bolt at the end of the 
softening-debonding stage.
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4.2.3.5 Debonding Stage 

After the softening length disappears, the bolt/grout interface enters debonding stage. 
Since the full bolt/grout interface undergoes debonding, the relationship between the 
pull-out load and displacement can be expressed as: 

F0 − F = 2πrbτr(ub − ub0) (4.69) 

Substituting Eqs. (4.67) and (4.68) into Eq. (4.69) leads to: 

F = 2πrbτr
(
L + δr + 

λ2τrL2 

2 
− ub

)
(4.70) 

4.3 Calibration of the Input Parameters 

In this analytical model, the mechanical properties of the rock bolt and the confining 
medium, such as rb, Eb and Em, can be acquired based on the rock bolt pull-out 
scenario. Specifically, rb and Eb can be acquired from the rock bolt specification 
provided by the bolt manufacturer. Em can be acquired by conducting uniaxial 
compressive strength tests on samples cored from the confining medium. 

As for the mechanical properties of the bond-slip model, they can be calibrated 
from the experimental load–displacement results. Figure 4.6 shows a typical load– 
displacement curve of rock bolts. 

In the initial stage of the load–displacement curve, the pull-out load of the rock bolt 
generally had a linear relationship with the pull-out displacement. Therefore, Point

Fig. 4.6 Selecting critical 
points to calibrate the input 
bond-slip parameters 
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1 represents the point where the linear relationship of the pull-out load and displace-
ment ends in the load–displacement curve. Then, δp equals the pull-out displacement 
at Point 1. Also, Fsof equals the pull-out load at Point 1. Substituting Fsof and δp into 
Eq. (4.26), τ p can be acquired. 

When the rock bolt reaches the maximum pull-out load, that point can be selected 
as Point 2, as shown in Fig. 4.6. Then, δr can be selected in the range between the 
pull-out displacement at Point 1 and the pull-out displacement at Point 2. Then, τ r can 
be calibrated until the maximum analytical pull-out load fits well with the maximum 
experimental pull-out load. 

4.4 Validation of the Analytical Model 

In this section, two experimental pull-out tests were used to validate the credibility 
of this analytical model. 

4.4.1 Validation with a Pull-Out Test 

Bai et al. [58] conducted experimental in situ pull-out tests on rock bolts. Specifically, 
rock bolts with a radius of 14 mm were tested and the embedment length was 3 m. 
The surrounding rock mass had an elastic modulus of 6 GPa. 

The mechanical properties of the rock bolt and the confining medium used in this 
analytical model are tabulated in Table 4.1. 

As for the input parameters for the bond-slip model, they can be calibrated from 
experimental pull-out results, following the methods indicated in Sect. 4.3. Then, the 
parameters tabulated in Table 4.2 were used in this paper to analytically model the 
load transfer performance of rock bolts. 

A comparison between the experimental result and the analytical result is shown 
in Fig. 4.7. There is a close match between the experimental result and the analytical 
result, confirming the credibility of this analytical model.

Table 4.1 Mechanical properties of the bolt and the confining medium 

rb (mm) Eb (GPa) L (m) Em (GPa) Am (m2) 

14 51 3 6 1 

Table 4.2 Input parameters 
for the bond-slip model 

τ p (MPa) δp (mm) τ r (MPa) δr (mm) 

2.2 3.57 1 8.91 



56 4 Analytical Modelling to Study the Load Transfer Performance of Fully …

Fig. 4.7 Comparison 
between the experimental 
result acquired from Bai 
et al. [58] and the analytical 
result 
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4.4.2 Validation with the Other Pull-Out Test 

Stillborg [59] conducted a number of pull-out tests in the mine site to study the load 
transfer performance of cable bolts. Cable bolts with a long embedment length of 10 m 
were tested. The cable bolts had a radius of 19 mm and elastic modulus of 83 GPa. The 
surrounding rock mass had an elastic modulus of 57 GPa. The mechanical properties 
of the rock bolt and the confining medium used in this analytical model are tabulated 
in Table 4.3. 

As for the input parameters for the bond-slip model, they can be calibrated from 
the experimental pull-out results. In this paper, the parameters tabulated in Table 4.4 
were used to calculate the load–displacement relationship of the cable bolt. 

The comparison between the experimental result and the analytical result is shown 
in Fig. 4.8. It shows that the analytical result agrees well with the experimental result, 
further confirming that this analytical model can be used to simulate the load transfer 
performance of rock bolts.

Table 4.3 Mechanical properties of the cable bolt and the confining medium 

rb (mm) Eb (GPa) L (m) Em (GPa) Am (m2) 

19 83 10 57 1 

Table 4.4 Input parameters 
for the bond-slip model 

τ p (MPa) δp (mm) τ r (MPa) δr (mm) 

1.34 10.37 0.47 35.02 
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Fig. 4.8 Comparison 
between the experimental 
result acquired from 
Stillborg [59] and  the  
analytical result 
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4.5 Parametric Study 

A parametric study was conducted to evaluate the input parameters on the load 
transfer performance of rock bolts. Specifically, the influence of the elastic modulus 
of the confining medium, the shear strength of the bolt/grout interface and the shear 
slippage where shear strength of the bolt/grout interface reaches on the load transfer 
performance of rock bolts were studied. 

4.5.1 Elastic Modulus of the Confining Medium 

To study the influence of the elastic modulus of the confining medium on the load 
transfer performance of rock bolts, an analytical rock bolt pull-out scenario was 
created. A rock bolt with a radius of 10 mm was tested. The elastic modulus of the 
rock bolt and the embedment length were 196 GPa and 1.5 m. Then, the mechanical 
properties of the bolt and the confining medium are tabulated in Table 4.5. As for  
the input parameters for the bond-slip model, they are tabulated in Table 4.6. 

The elastic modulus of the confining medium was changed from 10 to 90 MPa 
and the load–displacement performance of rock bolts was calculated, as shown in 
Fig. 4.9. It shows that the elastic modulus of the confining medium had an apparent

Table 4.5 Mechanical properties of the bolt and the confining medium 

rb (mm) Eb (GPa) L (m) Em (MPa) Am (m2) 

10 196 1.5 10 1 

50 

90
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Table 4.6 Input parameters 
for the bond-slip model 

τ p (MPa) δp (mm) τ r (MPa) δr (mm) 

2 1.5 0.8 3.5

influence on the load transfer performance of rock bolts. The initial stiffness and 
the peak load of the rock bolting system increased with the elastic modulus of the 
confining medium. 

This finding agrees well with previous research. Hyett et al. [60] conducted labora-
tory and in situ pull-out tests on plain cable bolts. In the laboratory, PVC, aluminium 
and steel pipes were used to confine cable bolts. The results showed that the peak 
load of cable bolts increased with the elastic modulus of the confining medium. As 
for the in situ case, cable bolts were pulled from shale, limestone and granite. The 
results showed that when the confining medium changed from shale to granite, the 
peak load of cable bolts increased apparently. 

Figure 4.9 also shows that with the elastic modulus of the confining medium 
increasing, the increasing rate of the peak load was not constant. To further study the 
influence of the elastic modulus of the confining medium on the peak load, a series 
of analytical pull-out tests was conducted. The relationship between the rock bolt 
peak load and the elastic modulus of the confining medium was acquired, as shown 
in Fig. 4.10.

It shows that for this scenario, before the elastic modulus of the confining medium 
increased to 280 MPa, the peak load increases rapidly. After that, the peak load is still 
increasing but with a much lower slope. This indicates that when the elastic modulus 
of the confining medium was higher than a critical limit, it had marginal effect on 
the peak load of rock bolts.

Fig. 4.9 Influence of elastic 
modulus of the confining 
medium on the performance 
of rock bolts 
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Fig. 4.10 Influence of the 
elastic modulus of the 
confining medium on the 
peak load of rock bolts
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4.5.2 Shear Strength of the Bolt/Grout Interface 

To study the influence of the shear strength of the bolt/grout interface on the load 
transfer performance of rock bolts, three analytical pull-out tests were conducted. In 
this case, the shear strength of the bolt/grout interface was varied from 2 to 6 MPa. 
As for the other parameters, they were kept constant. 

The mechanical properties for the rock bolt and the confining medium are tabu-
lated in Table 4.7. As for the input parameters for the bond-slip model, they are 
tabulated in Table 4.8. 

A plot of the input bond-slip model is shown in Fig. 4.11. Based on the input 
bond-slip model, the calculated load transfer performance of rock bolts is shown in 
Fig. 4.12.

The results show that the shear strength of the bolt/grout interface played a signif-
icant role in determining the load transfer performance of rock bolts. Specifically, 
when the shear strength of the bolt/grout interface was 2 MPa, the rock bolt had a 
maximum pull-out load of 146 kN when the pull-out displacement reached 3.1 mm.

Table 4.7 Mechanical properties of the bolt and the confining medium 

rb (mm) Eb (GPa) L (m) Em (GPa) Am (m2) 

10 196 1.5 1 1 

Table 4.8 Input parameters 
for the bond-slip model 

τ p (MPa) δp (mm) τ r (MPa) δr (mm) 

2 1.5 0.5 3.5 

4 

6 
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Fig. 4.11 A plot of the input 
bond-slip model when the 
shear strength of the 
bolt/grout interface was 
different 
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Fig. 4.12 Load transfer 
performance of rock bolts 
when the shear strength of 
the bolt/grout interface was 
different
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Compared with that, when the shear strength of the bolt/grout interface was 6 MPa, 
the rock bolt had a maximum pull-out load of 282 kN, increasing by 93.2%. And 
the corresponding pull-out displacement reached 4.5 mm. Apparently, the larger 
the shear strength of the bolt/grout interface, the higher the maximum load transfer 
capacity of rock bolts. 

Furthermore, the results show that the shear strength of the bolt/grout interface 
also had an effect in the initial stiffness of the rock bolting system. With the shear 
strength of the bolt/grout interface increasing, the initial stiffness of the rock bolting 
system also increased, as shown in Fig. 4.12.
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4.5.3 Residual Shear Strength of the Bolt/Grout Interface 

To study the influence of the residual shear strength of the bolt/grout interface on 
the load transfer performance of rock bolts, another rock bolt pull-out scenario was 
created. In this case, the residual shear strength of the bolt/grout interface was varied 
from 0.5 to 1.5 MPa. As for the other parameters, they were kept constant. 

The mechanical properties of the rock bolt and the confining medium are tabulated 
in Table 4.9. As for the input parameters for the bond-slip model, they are tabulated 
in Table 4.10. 

A plot of the input bond-slip model is shown in Fig. 4.13. As for the load transfer 
performance of rock bolts, they are shown in Fig. 4.14.

The results show that the residual shear strength of the bolt/grout interface had 
no effect on the initial stiffness of the rock bolting system. For example, in this case, 
when the residual shear strength of the bolt/grout interface increased from 0.5 to 
1.5 MPa, the initial stiffness of the rock bolting system kept constant. 

Nevertheless, the residual shear strength of the bolt/grout interface had an effect on 
the maximum load transfer capacity of rock bolts. For example, in this scenario, when 
the residual shear strength of the bolt/grout interface was 0.5 MPa, the maximum pull-
out load of rock bolts was 226 kN and the corresponding pull-out displacement was 
3.6 mm. Then, when the residual shear strength of the bolt/grout interface increased 
to 1.5 MPa, the maximum pull-out load of rock bolts increased to 256 kN, increasing 
by 13.3%. And the corresponding pull-out displacement was 4.9 mm. Apparently, 
increasing the residual shear strength of the bolt/grout interface was beneficial for 
improving the maximum load transfer capacity of rock bolts. 

Additionally, compared with the shear strength of the bolt/grout interface, 
increasing the residual shear strength of the bolt/grout interface had less apparent 
effect in improving the maximum load transfer capacity of rock bolts. For example, 
in the above analysis, when the residual shear strength of the bolt/grout interface 
increased by 200%, the maximum pull-out load of rock bolts only increased by 
13.3%. However, when the shear strength of the bolt/grout interface increased by

Table 4.9 Mechanical properties of the bolt and the confining medium 

rb (mm) Eb (GPa) L (m) Em (GPa) Am (m2) 

10 196 1.5 1 1 

Table 4.10 Input parameters 
for the bond-slip model 

τ p (MPa) δp (mm) τ r (MPa) δr (mm) 

4 1.5 0.5 3.5 

1 

1.5 
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Fig. 4.13 A plot of the input 
bond-slip model when the 
residual shear strength of the 
bolt/grout interface was 
different 
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Fig. 4.14 Load transfer 
performance of rock bolts 
when the residual shear 
strength of the bolt/grout 
interface was different
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200%, the maximum pull-out load of rock bolts largely increased by 93.2%. There-
fore, the shear strength of the bolt/grout interface had more significant effect in 
deciding the maximum load transfer capacity of rock bolts. 

The contribution of this paper is that it concentrated on fully grouted rock bolts 
with long embedment length grouted in the surrounding confining medium. Specifi-
cally, based on the previous work [38, 47], this paper acquired the specific analytical 
solution for this scenario. Furthermore, based on the acquired specific analytical solu-
tion, it further studied the influence of the elastic modulus of the confining medium 
on the load transfer performance of rock bolts. It revealed that although the peak 
load of rock bolts increased with the elastic modulus of the confining medium, there 
was a critical limit. Once the elastic modulus of the confining medium was beyond 
that critical limit, it had marginal effect on the peak load of rock bolts.
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4.6 Conclusions 

A tri-linear model was adopted to depict the bond-slip behaviour of the bolt/grout 
interface. It was assumed that the shear stress of the bolt/grout interface increased 
linearly to the shear strength of the bolt/grout interface with the shear slippage. Then, 
the shear stress decreased linearly to the residual shear strength of the bolt/grout 
interface with the shear slippage. After that, the shear stress was kept constant. 

The pull-out stages of rock bolts were analysed. During the pull-out process, 
the bolt/grout interface underwent elastic, elastic-softening, elastic-softening-
debonding, softening-debonding and debonding stages. 

Experimental pull-out tests were used to validate the credibility of this analytical 
model. The results show that there was a good correlation between experimental and 
analytical results. 

A parametric study was conducted to evaluate the elastic modulus of the confining 
medium, the shear strength of the bolt/grout interface and the residual shear strength 
of the bolt/grout interface on the load transfer performance of rock bolts. The results 
show that increasing the elastic modulus of the confining medium was beneficial for 
improving the load transfer performance of rock bolts. However, once the elastic 
modulus of the confining medium was beyond a critical limit, it had a marginal 
effect on the peak load of rock bolts. Additionally, increasing the shear strength of 
the bolt/grout interface and the residual shear strength of the bolt/grout interface led 
to rising of the peak load of rock bolts. However, compared with the residual shear 
strength of the bolt/grout interface, increasing the shear strength of the bolt/grout 
interface had more apparent effect in improving the load transfer capacity of rock 
bolts. 
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Chapter 5 
Analytical Studying the Confining 
Medium Diameter Impact 
on Load-Carrying Capacity of Rock Bolts 

5.1 Introduction 

Rock bolts are tendons or cables that are commonly used in mining engineering 
and civil engineering to reinforce excavated rock masses or soils [1, 2]. Numerous 
in situ tests proved that rock bolts are efficient in improving the internal strength 
of the surrounding confining medium, namely rock masses and soils [3]. Therefore, 
rock bolts are becoming more significant in maintaining the stability of underground 
roadways, chambers, tunnels, surface slopes [4] and rooms in the room and pillar 
mining [5]. In the fully grouted rock bolting system, the bolt can deform consistently 
with the confining medium [6, 7]. Then, the bolt tendon can interact with the confining 
medium to transfer the force [8, 9]. 

To investigate the load-carrying capacity of rock bolts, laboratory pull-out tests 
were the most widely preferred method [10]. Specifically, a natural or artificial rock 
block can be prepared as the confining medium. Then, the bolt was installed in the 
drilled hole in the rock block. Cement-based or resin grout was poured into the 
drilled hole to bond the bolt and rock block. After the grout in the bolting hole 
fully cured, the bolt was pulled out from the rock block. During the experiment, 
load cell and displacement transducers were adopted to monitor the pull-out force 
and displacement. With the recorded data, the force–displacement relationship of 
rock bolts can be plotted, representing the performance of rock bolts. For example, 
Skrzypkowski et al. [11] considered that the load-carrying capacity of segmentally 
installed rock bolts can be influenced by the bolting hole diameter. To investigate this 
impact, they conducted pull-out tests on rock bolts with a diameter of 24 mm. Four 
different bolting hole diameters were used, ranging from 28 to 37 mm. The results 
showed that at the certain installing length of 100 mm and 200 mm, the maximum 
load-carrying capacity of rock bolts varied with the bolting hole diameter. Moreover, 
it was concluded that the optimum load-carrying capacity appeared when the bolting 
hole diameter was 32 mm.
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The previous research work showed that in the laboratory tests, the geometry of 
the rock block was different. Usually, researchers would like to prefer cylindrical 
or cubic rock blocks. However, it was more common to use cylindrical rock blocks 
[12, 13]. It is interesting to see that although researchers used this method to study 
the performance of rock bolts, the diameter of rock blocks was largely different. For 
laboratory tests, the diameter of rock blocks usually ranged from 100 to 500 mm 
[14]. The previous researchers conducted a number of tests to reveal the loading 
performance of rock bolts when the condition of the bolt, grout and rock masses 
varied [15–17]. However, less attention was paid to evaluate the confining medium 
diameter effect on load-carrying capacity of rock bolts. 

Rajaie [18] was the pioneer to study the confining medium diameter effect. More-
over, he used concrete materials to cast cylindrical samples. Five different sample 
diameters were used: 100 mm, 150 mm, 200 mm, 250 mm and 300 mm. The results 
showed that when the confining medium diameter was small, the peak force of rock 
bolts ascended rapidly with the confining medium diameter ascending. However, it 
almost stopped ascending once the diameter was beyond 200 mm. This indicated 
that there was a critical influence diameter. Once the rock block diameter was larger 
than this critical influence diameter, further ascending the rock block diameter had 
marginal effect on the performance of rock bolts. Chen et al. [19] continued this 
experimental work, finding that the boundary condition had an effect in determining 
the critical influence diameter. 

Although numerous analytical models were proposed to study the performance of 
rock bolts [20–23], little work has been focused on the confining medium diameter 
effect. Therefore, this paper conducted an analytical study to investigate the influence 
of the confining medium diameter on the load-carrying capacity of rock bolts. First, 
the analytical model concept was illustrated. Then, the confining medium diameter 
effect was studied with this analytical model, and the results were compared with 
experimental results. Last, the influence of the confining medium modulus on the 
critical influence diameter was analysed. 

5.2 Analytical Modelling Approach 

The authors of this paper previously deduced an analytical model to study the loading 
performance of rock bolts [24]. Specifically, after the rock bolt was loaded, shearing 
stress occurred at the bonding face between the tendon and grout. Moreover, shearing 
stress occurred at the bonding face between the grout and confining medium, as shown 
in Fig. 5.1.

Then, a tri-linear formula was used to illustrate the bonding and debonding 
behaviour of the bonding face, as shown in Eqs. (5.1a–5.1c) [25]: 

τ = 
τp 

δp 
δ
(
0 ≤ δ ≤ δp

)
(5.1a)
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Fig. 5.1 State of the bolting 
system after the bolt was 
loaded

rock bolt 

confining medium 
grout 

τ = 
τpδr − τrδp 

δr − δp 
− 

τp − τr 
δr − δp 

δ
(
δp < δ  ≤ δr

)
(5.1b) 

τ = τr(δ >  δr) (5.1c) 

Then, through analysing the equilibrium relationship between the tensile stress 
in the tendon and shearing stress at the bonding face, the governing equation for the 
bolting system was obtained [24]: 

d2 s(x) 
dx2 

− λ2 τ (x) = 0 (5.2)  

λ2 = 
4 

Db

(
1 

Eb 
+ Ab 

Em Am

)
(5.3) 

The whole pull-out process of rock bolts was divided into five different phases, 
including the elastic phase (I), the elastic-softening phase (II), the elastic-softening-
debonding phase (III), the softening-debonding phase (IV) and the debonding phase 
(V) [26]. Through substituting the tri-linear formula and boundary condition in each 
phase into Eq. (5.2), the relationship between the pull-out force and displacement 
can be obtained. 

Specifically, in Phase I, the pull-out force and displacement can be computed as 
follows: 

F = 
π Dbτp tanh(λ1L) 

λ1sp 
ub (5.4) 

λ2 
1 = 

τp 

sp 
λ2 (5.5) 

In Phase II, the pull-out force and displacement can be computed as follows: 

ub = 
λ1sp 
λ2 

tanh(λ1(L − as)) sin(λ2as) − 
λ2 
1sp 
λ2 
2 

cos(λ2as) + 
τpsr − τrsp 

τp − τr 
(5.6)
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F = π Dbτp

(
1 

λ1 
tanh(λ1(L − as)) cos(λ2as) + 

1 

λ2 
sin(λ2as)

)
(5.7) 

λ2 
2 = 

τp − τr 
δr − δp 

λ2 (5.8) 

In Phase III, the pull-out force and displacement can be computed as follows: 

ub = sr + 
λ2a2 d τr 

2
+

(
τpλ

2 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) + 

τpλ
2 

λ2 
sin(λ2as)

)
ad 

(5.9) 

F = π Db

(
τ1 

λ1 
tanh(λ1(L − ad − as)) cos(λ2as) + 

τ1 

λ2 
sin(λ2as) + τ2ad

)
(5.10) 

In Phase IV, the pull-out force and displacement can be computed as follows: 

ub = δr + λ2 τrad

(
ad 
2 

+ 
tan(λ2(L − ad)) 

λ2

)
(5.11) 

F = π Dbτr

(
tan(λ2(L − ad)) 

λ2 
+ ad

)
(5.12) 

Last, in Phase V, the pull-out force and displacement can be computed as follows: 

F = π Dbτr

(
L + δr + 

λ2τrL2 

2 
− ub

)
(5.13) 

Equations from (5.4) to (5.13) contributed to the force–displacement relationship 
of rock bolts. Moreover, a good agreement was obtained between the model and 
physical test data [24]. 

5.3 Modelling Process and Results 

To investigate the effect of the confining medium diameter on the load-carrying 
capacity of rock bolts, analytical tests were performed. Specifically, it was assumed 
that pull-out tests were conducted on deformed rock bolts with the diameter of 25 mm 
and elastic modulus of 200 GPa. It was admitted that the deformed rock bolts had 
ribs on the tendon surface. Moreover, the mechanical parameters of ribs, namely rib 
height and rib spacing, may be dependent on the bolt type [27, 28]. However, for 
this paper, at the current stage, there was no specific evaluation on the rib height and 
rib spacing. It was assumed that after the tendon was loaded, the deformed rock bolt 
induced shearing stress at the bonding face between the tendon and grout. As for the



5.3 Modelling Process and Results 73

Table 5.1 Bonding-slipping 
data for the bonding face 
between the tendon and grout 

τ 1 (MPa) s1 (mm) τ 2 (MPa) s2 (mm) 

2 1 1 3 

influence of the rib height and rib spacing on the shearing stress at the bonding face 
between the tendon and grout, further work will be continued. 

The bolt was installed in the bolting hole with a diameter of 40 mm and grouted 
length of 2 m. For the grout, it was assumed that it had an unconfined compressive 
strength of 50 MPa. For the confining medium, it was assumed that it had an elastic 
modulus of 20 GPa and unconfined compressive strength of 30 MPa. For the bonding 
face between the tendon and grout, the bonding-slipping data shown in Table 5.1 was 
used. 

Table 5.1 summarised the mechanical properties of the bonding face between 
the tendon and grout: shearing strength, slipping where shearing strength reached, 
residual shearing strength and slipping where residual shearing strength reached. 
They can be computed with the following equation [29]: 

τ = 
P 

π DbL 
(5.14) 

Specifically, the previous research revealed that if the grouted length of the rock 
bolt was short enough, the shearing stress at the bonding face can be treated uniform 
[14]. Therefore, after conducting pull-out tests on rock bolts with short grouted 
length, the maximum pull-out force and residual pull-out force can be substituted 
into Eq. (5.14) to compute the shearing strength and residual shearing strength. Then, 
the slipping where shearing strength reached equalled the pull-out displacement 
where the maximum pull-out force occurred. The slipping where residual shearing 
strength reached equalled the pull-out displacement where the residual pull-out force 
occurred. 

In this paper, for the diameter of the confining medium, four different values were 
used: 100 mm, 150 mm, 200 mm and 250 mm. The configuration of this analytical 
pull-out test is shown in Fig. 5.2. This analytical pull-out process was generally 
consistent with the traditional pull-out experiment of rock bolts [30], where the 
tendon was pulled with a loading rate of 1 mm/min and the load cell together with 
the linear variable differential transformer were used to measure the pull-out force 
and displacement, respectively.

Then, the analytical pull-out tests were performed, and the results are shown in 
Fig. 5.3. Apparently, the confining medium diameter had an effect in determining the 
performance of rock bolts. Specifically, there was a positive relationship between the 
load-carrying capacity of rock bolts and the confining medium diameter. Moreover, 
the ascending rate of the peak force had a tendency to decline. For example, when 
the confining medium diameter ranged from 200 to 250 mm, the peak force of rock 
bolts was quite close.
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Fig. 5.2 Configuration of 
the rock bolt loading system
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Fig. 5.3 Rock bolt performance with different confining medium diameters: a bolting system 
geometry; b force–displacement relationship of rock bolts 

To further investigate the influence of the confining medium diameter on the 
performance of rock bolts, a series of pull-out tests was conducted. In this computa-
tion, the confining medium diameter varied in the domain [50 mm, 1000 mm]. Then, 
the variation trend of the bolt peak force, when the confining medium diameter was 
varying, was computed, as shown in Fig. 5.4. The peak force ascended significantly
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when the confining medium diameter varied from 50 to 300 mm. However, when the 
confining medium diameter was larger than 300 mm, the ascending rate of the peak 
force became gentle. Moreover, when the diameter was beyond 400 mm, the peak 
force became almost constant. 

To confirm the accuracy of the analytical modelling results, the experimental tests 
performed by Rajaie [18] were used as a comparison, as shown in Fig. 5.5. It can be 
seen that the peak force variation trend in analytical modelling generally agreed well 
with the experimental test trend. In experimental tests, the peak force rose rapidly 
with the confining medium diameter when it was smaller than 200 mm. After it was 
beyond 250 mm, the peak force became almost unchangeable. This variation trend 
was successfully reflected in analytical modelling. 

Fig. 5.4 Peak force 
variation trend when the 
confining medium diameter 
was ascending 
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Fig. 5.5 Peak force 
variation trend of the plain 
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Fig. 5.6 Peak force 
variation trend with the 
confining medium ascending 
when the confining medium 
modulus was under different 
levels 
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In the above analysis, the elastic modulus of the confining medium was set as 
20 GPa. However, in experimental tests, the material with different modulus can be 
used to cast the confining medium. Therefore, further pull-out tests were performed 
with different confining medium moduli. Specifically, three different moduli were 
used, 1 GPa, 5 GPa and 20 GPa. The peak force variation trend results are shown in 
Fig. 5.6. Apparently, the peak force variation trend was consistent. This indicated that 
although the confining medium modulus was different, there was a critical influence 
diameter. The confining medium had little effect on the peak force once its diameter 
was over than the critical influence diameter. It was also found that when the confining 
medium modulus was different, the critical influence diameter was also different. For 
example, when the confining medium modulus was 20 GPa, the peak force became 
almost constant when the confining medium diameter was larger than 400 mm. 
Nevertheless, this value was changed when the confining medium with a modulus of 
1 GPa was used. For it, at a diameter of 400 mm, the peak force was still ascending 
rapidly. 

To study the influence of the confining medium modulus on the critical influence 
diameter, further pull-out tests were performed. Specifically, the confining medium 
modulus was ranged from 1 to 50 GPa. With a certain confining medium modulus, the 
peak force variation trend was first computed. Then, the critical influence diameter 
for that confining medium modulus was recorded. The critical influence diameter 
was determined with the following method. 

First, a relative difference percentage was defined, as shown in Eq. (5.15).

Δ = 
Fmax 2 − Fmax 1 

Fmax 1 
(5.15) 

Where Δ: the relative difference percentage. Fmax1: peak force when the confining 
medium diameter was a. Fmax2: peak force when the confining medium diameter was 
(a + Δa).
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Fig. 5.7 Variation of the 
critical influence diameter 
variation when the confining 
medium modulus was 
varying 
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In this paper, the confining medium diameter ascended with a small interval of 
10 mm. Then, when the relative difference percentage was smaller than 0.01%, it 
was assumed that there was no apparent ascending of the peak force. Therefore, 
the corresponding confining medium diameter was regarded as the critical influence 
diameter. 

Following this method, the critical influence diameter for different confining 
medium moduli was acquired, as shown in Fig. 5.7. It can be seen that the confining 
medium modulus had a significant effect in determining the critical influence diam-
eter. With the confining medium modulus ascending, the critical influence diameter 
declined nonlinearly. This indicated that for the same rock bolt, if the confining 
medium properties were different, the corresponding critical influence diameter may 
be different. Furthermore, the larger the confining medium modulus, the smaller the 
critical influence diameter. 

5.4 Conclusions 

Laboratory pull-out tests were commonly used to study the performance of rock 
bolts. In pull-out tests, natural or artificial cylindrical confining medium was usually 
used to confine rock bolts. This paper conducted an analytical investigation to study 
the influence of the confining medium diameter on the performance of rock bolts. 
In the analytical modelling, the load-carrying capacity of rock bolts with different 
confining medium diameters was compared. The results showed that the confining 
medium diameter had an apparent effect in determining the peak force of rock bolts. 
With the confining medium diameter ascending, the peak force ascended. However, 
the ascending rate of the peak force gradually declined. The peak force variation 
trend was compared with experimental results. And there was a good agreement 
between modelling trend and experimental trend.
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The rock bolt peak force with different confining medium moduli was studied. 
It was found that although the confining medium modulus was different, the peak 
force variation trend was consistent. For each medium modulus, there was a certain 
critical influence diameter. Beyond that critical influence diameter, further ascending 
the confining medium diameter had marginal effect in improving the peak force of 
rock bolts. 

Moreover, the influence of the confining medium modulus on the critical influence 
diameter was analysed. The results showed that the higher the confining medium 
modulus, the smaller the critical influence diameter. 
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Chapter 6 
Studying the Bond Performance of Fully 
Grouted Rock Bolts Based 
on the Variable Controlling 

6.1 Introduction 

Fully grouted rock bolting is commonly used in roadway reinforcement in mining 
and tunnelling reinforcement [1]. Due to the advantage that the reinforcing resistance 
is significant and it can effectively improve the self-bearing capacity of rock masses, 
rock bolting has been widely applied in rock and soil reinforcement [2]. 

However, in situ practice results showed that failure of the reinforcement system 
still occurred [3]. The previous research summarised that failing of the reinforcement 
system could be bolt rupture or bond failure [4]. It is more common to encounter 
bond failure at the boundary surface between bolts and grout [5]. The reason is that 
the bond stress at the boundary surface between bolts and grout is beyond the bond 
strength [6]. More importantly, it is highly related to the bond capacity of bolts [7]. 

To study the bond mechanism of rock bolts, laboratory tests, analytical modelling, 
numerical simulation and engineering practices were used [8]. For example, Zhang 
et al. [9] conducted in situ tests on gob-side roadways to monitor the loading state of 
bolts under the thick coal seam mining condition. Skrzypkowski et al. [10] performed 
laboratory pull-out tests on bolts with different diameters to compare the performance 
of bolts. Chen et al. [11] used the experimental approach to study the anchorage 
performance of bolts installed in a bedded rock mass. Chen and Li [12] adopted the 
modified elements to study the interaction between bolts and in situ rock masses. 

Amongst those methods, analytical modelling has the advantage that it can effec-
tively reveal the bond course between bolts and rock masses subjected to loading 
[13]. Therefore, this paper studied the bond capacity of bolts based on analytical 
modelling. 

In analytical modelling, former investigators performed numerous investigations 
regarding the bond capacity of bolts [14]. Wang et al. [15] analysed the coupling effect 
of bolts installed in rock masses. Zou and Zhang [16] used a nonlinear equation to 
illustrate the debonding behaviour of the boundary surface between bolts and grout. 
Ren et al. [17] studied the shear failure course of the boundary surface between bolts
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and grout. Zheng et al. [18] studied the reinforcing system composed of bolts and 
rock masses. Ma et al. [19] established the distributing link of the bond stress at the 
boundary surface between bolts and grout. He et al. [20] deduced the interaction link 
between the tensile stress in bolts and the bond stress after bolts which were loaded. 
Saleem [21] developed an analytical model to study the bond performance of bolts 
under the impact loading condition. The superiority of their model was that it could 
be used to predict the bond performance of different bolt types. Lv et al. [22] deduced 
the load-carrying force of cables based on an elastoplastic model. Wang et al. [23] 
developed a three-dimensional model to study the bond performance of fully grouted 
bolts based on a closed tri-linear relationship. Their results showed that there was 
a critical grouting length. Zhang et al. [24] considered the mutual interaction link 
between bolts and grout. Saleem and Hosoda [25] employed the Latin Hypercube 
sampling approach to analyse the test data regarding several fully grouted bolts. Their 
findings showed that grouting length had more effect on the load-carrying force of 
bolts compared with bolt diameter. 

Those mentioned analytical modelling research successively revealed the coupling 
link between bolts and rock masses. However, much less work has been performed 
to quantitatively study the influence of parameters on the bond performance of fully 
grouted bolts. Moreover, little work was conducted to quantitatively examine the 
bond stress distributing at the boundary surface between bolts and grout. 

To overcome those shortcomings, this paper used the new analytical model devel-
oped by the authors to quantitatively examine the bond performance of fully grouted 
rock bolts [26]. The originality of this paper is that it used the newly developed 
analytical model to quantitatively examine the bond performance of fully grouted 
bolts. Moreover, relying on this analytical model, the bond stress distributing at the 
boundary surface between bolts and grout was quantitatively studied. 

In this paper, first, the calculating principle of this analytical model was illustrated. 
Then, this analytical model was used to calculate and analyse the load-carrying force 
of bolts. The effect of four different parameters on the load-carrying force of bolts and 
the bond stress distributing state was studied. This study is conducive to enriching 
the base of knowledge. 

6.2 Calculating Principal of the Constitutive Equation 

The authors of this paper previously conducted a theoretical analysis on the load-
carrying force of bolts. During modelling, the shear course of the boundary surface 
was simulated with a tri-linear equation (Fig. 6.1) [26].

τ = kδ + τ ′ (6.1) 

Where k: slope of the tri-linear equation.
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Fig. 6.1 Tri-linear equation
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The tri-linear equation was revised from the elastic perfectly plastic model and the 
bi-linear model. However, the shortcoming of the elastic perfectly plastic model was 
that it neglected the post-failure performance of the boundary surface. As for the bi-
linear model, its shortcoming was that it did not consider the residual shear strength 
of the boundary surface [27]. Therefore, through combining those two models, the 
tri-linear equation was used. 

The tri-linear equation assumed that the bond stress of the boundary surface grew 
linearly with the bond slipping. When the bond slipping grew to a specific value, the 
bond stress reached the bond strength. After that, with the continuous growth of the 
bond slipping, the bond stress at the boundary surface decreased to the residual shear 
strength [28]. Last, with the further growth of the bond slipping, the bond stress at 
the boundary surface remained constant, equalling the residual shear strength. 

The credibility of the tri-linear equation was confirmed with the previous exper-
imental research. For example, Benmokrane et al. [29] conducted pull-out tests on 
fully grouted bolts to study the bond behaviour of the boundary surface. Their results 
showed that after the peak, the shear stress at the boundary surface dropped gradu-
ally. Moreover, with the slipping further growing, the shear stress was likely to be 
constant. Based on this phenomenon, this paper used the tri-linear equation to depict 
the bond behaviour of the boundary surface. 

Then, this tri-linear equation was incorporated into the anchorage body, and a 
governing equation was developed, as calculated with Eq. (6.2). 

dδ2(x) 
dx2 

− λ2 τ (x) = 0 (6.2)  

In this equation, the coefficient of λ can be expressed with Eq. (6.3):
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(6.3) 

With the loading of bolts, the boundary surface successively experienced 
five stages, including the elastic stage, the elastic-weakening stage, the elastic-
weakening-friction stage, the weakening-friction stage and the friction stage [30]. 
Then, analysis was conducted on the tensile stress in bolts and the bond stress on 
the boundary surface during those five stages. Therefore, the equations that describe 
the tensile stress distributing of bolts and the bond stress spreading at the boundary 
surface were obtained. The loading terminal of bolts was regarded as the research 
objective. Then, the link between the load-carrying force and loading displacement 
of bolts was obtained. 

The credibility of this model was validated with experimental tests. The test 
conducted by Bai et al. [31] was used as an example. It showed a good match 
between the test and modelling [26]. 

6.3 Parameter Study 

The input parameters of this model included bolt diameter, bolt modulus, grouting 
length, modulus of rock masses, the cross-sectional area of rock masses and properties 
of the boundary surface. Then, this paper studied the effect of relevant parameters 
on the load-carrying force of bolts. 

6.3.1 Bolt Diameter 

In this section, it was assumed that the bolt diameter was 20 mm, and the modulus 
of bolts was 200 GPa. The grouting length was 2 m. As for the rock masses, the 
modulus was 15 GPa, and the cross-sectional area was 0.5 m2. Those parameters 
were shown in Table 6.1. 

More importantly, the properties of the boundary surface determined the bond 
capacity of bolts. Then, they were shown in Table 6.2. 

Table 6.1 Properties of the anchorage body 

D (mm) E1 (GPa) L (m) E2 (GPa) A (m2) 

20 200 2 15 0.5 

Table 6.2 Properties of the 
boundary surface 

τ 1 (MPa) δ1 (mm) τ 2 (MPa) δ2 (mm) 

3 2 1.5 4
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Fig. 6.2 Effect on bolt 
diameter on the 
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To study the effect of bolt diameter on the load-carrying force, besides the bolt 
diameter used in Table 6.1, another two bolt diameters were used: 15 mm and 25 mm. 
During the pull-out course, the load-carrying force and loading displacement at the 
loading terminal were recorded. Then, the bond capacity under the loading condi-
tion was obtained (Fig. 6.2). It shows that bolt diameter significantly affected the 
load-carrying force of bolts. When three different bolt diameters were used, the 
maximum force was 194 kN, 269 kN and 349 kN. With the growth of bolt diameter, 
the maximum force significantly grew. This finding was consistent with the experi-
mental test results obtained by Kilik et al. [32]. Meantime, it shows that the stiffness 
of the anchorage body grew. When the bolt diameter was 15 mm, the initial stiffness 
of the anchorage body was 50 kN/mm. However, when the bolt diameter grew to 
25 mm, the stiffness of the anchorage body grew to 104 kN/mm. 

Also, it shows that bolt diameter had specific effect on the post-failure performance 
of the reinforcement system. For instance, when bolt diameter was small, such as 
15 mm, after bolts reached the maximum force, the loading displacement showed 
an apparent snapback phenomenon. This was because the boundary surface entered 
the weakening-friction stage. Moreover, it was directly resulted by the continuous 
growth of the friction length. This phenomenon also occurred in the previous research 
[33]. By contrast, when bolt diameter was relatively larger, such as 25 mm, after bolts 
reached the maximum force, this snapback phenomenon was not apparent. 

Additionally, the relationship between the maximum force of bolts and λ was 
analysed. With bolt diameter growing, the corresponding λ dropped from 3.66e−5 
to 2.85e−5 N/m (Fig. 6.3). As for the maximum force of bolts, it grew directly. 
Therefore, a negative relationship between the maximum force of bolts and λ 
occurred.

This paper mainly focused on the maximum force of bolts. Therefore, when those 
bolts with three different diameters reached the maximum force, the bond stress 
distribution of the boundary surface was exported (Fig. 6.4). It shows that when
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Fig. 6.3 Relationship 
between the maximum force 
of bolts, λ and bolt diameter
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bolts with those three different diameters reached the maximum force, the bond 
stress at the boundary surface was in the elastic-weakening-friction stage. 

Meantime, it shows that for bolts with a smaller diameter, when the maximum 
force was reached, the length of the friction section was larger. For instance, when the 
bolt diameter was 15 mm, the corresponding friction length was 828 mm. However, 
when the bolt diameter was 25 mm, the friction length dropped to 493 mm. This 
was related to the reinforcement stiffness of the anchorage body. When the bolt 
diameter was small, the reinforcement stiffness was also slight. Therefore, to reach 
the maximum force, a relatively large loading displacement was needed. However, 
under the effect of the large loading displacement, the boundary surface experienced 
rather large bond slipping. Then, the friction length grew.

Fig. 6.4 Effect of bolt 
diameter on the bond stress 
distributing on the boundary 
surface when peak load 
occurred 
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6.3.2 Elastic Modulus of Bolts 

In the in situ condition, rock bolts with different modulus may be used. For instance, 
in the permanent reinforcement, steel bolts with a modulus of 200 GPa were always 
used. However, in the roadway along the working face side, the fibre-reinforced 
polymer bolts with modulus of 50 GPa may be used. 

Therefore, the modulus of bolts was regarded as the research objective. The 
purpose was to analyse its effect on the load-carrying force of bolts. In this section, 
a calculation was conducted on bolts with a diameter of 20 mm. To study the effect 
of the modulus of bolts, three pull-out analysis was conducted. The corresponding 
modulus of bolts was 50 GPa, 100 GPa and 200 GPa. The other input parameters 
were the same as the values used in Sect. 6.3.1. The comparing results of those three 
pull-out tests are shown in Fig. 6.5. It shows that the elastic modulus of bolts signifi-
cantly affected the pre-peak and post-peak performance of fully grouted bolts. First, 
with the modulus of bolts growing from 50 to 200 GPa, the maximum force grew 
from 229 to 269 kN, growing by 17%. This indicated that although increasing the 
modulus of bolts was conducive to improving the bond performance of bolts, this 
impact was not significant. Secondly, the modulus of bolts had a significant impact 
on the initial stiffness of the anchorage body. Specifically, when the modulus of bolts 
was 50 GPa, the corresponding initial stiffness of the anchorage body was 38 kN/m. 
When the modulus of bolts grew to 200 GPa, the corresponding initial stiffness of the 
anchorage body was 76 kN/m, growing by 100%. Therefore, the larger the modulus 
of bolts, the higher the stiffness of the anchorage body. 

Thirdly, the modulus of bolts significantly influenced the loading displacement 
where the maximum force of bolts occurred. For example, when bolts with a modulus 
of 50 GPa were tested, the loading displacement at peak force was 18.1 mm. When the 
modulus of bolts grew to 100 GPa, the loading displacement at peak force dropped to

Fig. 6.5 Effect of the 
modulus of bolts on the 
load-carrying force 
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Fig. 6.6 Relationship 
between the maximum force 
of bolts, λ and elastic 
modulus of bolts 
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10.6 mm. When bolts with a modulus of 200 GPa were tested, the loading displace-
ment dropped to 6.49 mm. Therefore, the loading displacement at peak force signif-
icantly dropped with the modulus of bolts. Last, the modulus of bolts influenced the 
post-peak performance of bolts. When the modulus of bolts was 50 GPa, after the 
peak load, there was a gradual dropping of the load-carrying force. By contrast, when 
the modulus of bolts grew to 200 GPa, after the peak force, the load-carrying force 
dropped dramatically. 

Also, the relationship between the maximum force of bolts and λ was analysed. 
In this case, λ dropped from 6.33e−5 to 3.18e−5 N/m (Fig. 6.6). By contrast, the 
maximum force of bolts grew. Therefore, for this case, the smaller the λ, the larger 
the maximum force of bolts. 

When bolts reached the maximum force, the bond stress distributing at the 
boundary surface is exported (Fig. 6.7). The modulus of bolts had a significant 
effect on the bond stress distributing at the boundary surface. When the modulus of 
bolts was small, the friction length of the boundary surface was relatively large. For 
instance, when the modulus of bolts was 50 GPa, the friction length of the boundary 
surface was 1322 mm. However, when the modulus of bolts was 200 GPa, the friction 
length of the boundary surface was 648 mm. This was because when the modulus 
of bolts was small, the stiffness of the reinforcement system was relatively small. 
Therefore, after a rather large displacement, bolts finally reached the maximum force. 
Moreover, when a large loading displacement generated, the boundary surface expe-
rienced relatively large bond slipping. Therefore, the friction length was relatively 
large.

6.3.3 Grouting Length of Bolts 

In engineering practices, the grouting length can be significantly different [34]. There-
fore, in this section, the effect of grouting length on the load-carrying force of bolts
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Fig. 6.7 Effect of the 
modulus on the bond stress 
distributing on the boundary 
surface when peak force 
occurred
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was studied. The calculation was conducted on bolts with a diameter of 20 mm 
and modulus of 200 GPa. During the calculating course, the grouting length ranged 
between 2 and 3 m. The other input parameters were the same as the values used in 
Sect. 6.3.1. Then, under those three different grouting length conditions, the bond 
capacity of bolts was acquired (Fig. 6.8). It shows that growth of the grouting length 
did not affect the initial reinforcement stiffness of bolts. Under those three different 
grouting length conditions, in the elastic stage, the initial stiffness was almost same. 
However, the grouting length had a significant effect on the maximum force of bolts. 
With the growth of grouting length, the maximum force of bolts significantly grew. 
When the grouting length grew from 2 to 3 m, the maximum force of bolts grew 
from 269 to 364 kN. 

Fig. 6.8 Effect of the 
grouting length on the 
load-carrying force of bolts
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Attention is paid that this analytical model can be used to calculate the ideal 
grouting length for bolts. For example, in this case, it is assumed that the tensile 
strength of bolts was 1200 MPa. Then, this tensile strength was substituted into 
Eq. (6.4) to calculate the rupture force of bolts. 

Fr = 
σtπ D2 

4 
(6.4) 

Where Fr: rupture force of bolts. 
The calculating result showed that the rupture force of bolts was 377 kN. Then, this 

rupture force can be substituted into the present analytical model to back-calculate 
the ideal grouting of bolts. For this case, results showed that the ideal grouting length 
of bolts was around 3.5 m, as shown in Fig. 6.9. 

When bolts reached the maximum force, the bond stress at the boundary surface 
was exported (Figs. 6.10, 6.11 and 6.12). Being different from other parameters, 
the grouting length had a marginal effect on the bond stress distributing state at the 
boundary surface. Under three different grouting length conditions, the elastic length 
of the boundary surface was around 552 mm. All the weakening length was around 
800 mm. The only difference was the friction length. Under those three grouting 
length conditions, the friction lengths were 648 mm, 1149 mm and 1648 mm.

Figure 6.11 showed the bond stress distributing at the boundary surface at the 
peak force when the grouting length was 2.5 m. It clearly indicated that when the 
peak force was reached, the bond stress at the boundary surface was in the elastic-
weakening-friction state. At the free end of bolts, the bond stress was 2.42 MPa. 
With the distance from the free end growing, the bond stress grew nonlinearly. When 
the distance from the free end grew to 0.55 m, the bond stress reached a peak of 
3 MPa. With the distance from the free end further growing, the bond stress dropped 
nonlinearly. When the distance from the free end grew to 1.35 m, the bond stress

Fig. 6.9 Back calculating 
the ideal grouting length of 
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Fig. 6.10 Bond stress 
distributing at the boundary 
surface at the peak force 
when the grouting length 
was 2 m 
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Fig. 6.11 Bond stress 
distributing at the boundary 
surface at the peak force 
when the grouting length 
was 2.5 m
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dropped to the residual bond strength of 1.5 MPa. After that, the bond stress remained 
constant, levelling at 1.5 MPa. 

Figure 6.12 showed the bond stress distributing at the boundary surface at the 
peak force when the grouting length was 3 m. It showed that although the grouting 
length grew, the bond stress distributing was still in the elastic-weakening-friction 
state when the maximum force was reached. More interestingly, the positions where 
the bond strength and the residual bond strength were reached were identical with 
Fig. 6.11. However, the only difference was that the friction length grew. In this case, 
the friction length grew to 1648 mm, 499 mm longer than the friction length shown 
in Fig. 6.11.
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Fig. 6.12 Bond stress 
distributing at the boundary 
surface at the peak force 
when the grouting length 
was 3 m
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6.3.4 Bond Slipping When the Bond Strength Was Reached 

Considering that the properties of the boundary surface affected the bond capacity of 
bolts, the bond slipping at the bond strength was regarded as a factor to conduct the 
analysis. During the studying, a calculation was conducted on a bolt with a diameter 
of 20 mm, modulus of 200 GPa and grouting length of 2 m. To study the effect of the 
bond slipping, it ranged between 1 and 3 mm. The corresponding tri-linear equation 
is shown in Fig. 6.13. 

During calculating, the other parameters were the same as the values used in 
Sect. 6.3.1. After that, the analytical pull-out test was conducted on bolts, and the 
corresponding load-carrying force was obtained (Fig. 6.14). It shows that with the
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growth of the bond slipping at the bond strength, the maximum force of bolts 
decreased gradually. Meantime, the stiffness of the reinforcing system gradually 
decreased. However, this bond slipping did not affect the residual load-carrying force 
of bolts. Therefore, under those three different conditions, the residual load-carrying 
force of bolts remained around 188 kN. 

When the maximum force of bolts was reached, the bond stress at the boundary 
surface was exported (Fig. 6.15). With the growth of the bond slipping at the bond 
strength, the elastic length and the friction length of the boundary surface gradually 
grew. For instance, as the bond slipping at the bond strength grew from 1 to 3 mm, 
the elastic length of the boundary surface grew from 300 to 785 mm. Moreover, the 
corresponding friction length of the boundary surface grew from 483 to 814 mm. 
The weakening length dramatically declined from 1218 to 400 mm. 

Fig. 6.14 Effect of the bond 
slipping at the bond strength 
on the load-carrying force of 
bolts 
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Fig. 6.15 Effect of the bond 
slipping at the bond strength 
on the bond stress 
distributing of the boundary 
surface
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6.4 Limitation of the Current Study 

The limitation of the current paper was that it neglected the influence of the filling 
grout in the borehole. It only considered the interaction between fully grouted bolts 
and surrounding rock mass. 

6.5 Recommendation of Further Work 

After the current study, the authors plan to incorporate this analytical model into the 
underground reinforcement scenarios. Then, the bond performance of fully grouted 
bolts reinforced in underground roadways and tunnels can be studied. In this way, the 
reinforcement parameters of fully grouted bolts used in the underground roadways 
and tunnels can be optimised. 

6.6 Conclusions 

This paper conducted an analytical study on the bond performance of fully grouted 
rock bolts based on the variable controlling method. Relied on this approach, the 
effect of bolt diameter, modulus of bolts, grouting length and bond slipping at the 
bond strength on the load-carrying force of bolts were studied. Moreover, the bond 
stress distributing at the boundary surface was studied. This paper is conducive to 
enriching the basement of knowledge. The main conclusions are listed below: 

(1) With bolt diameter growing, the maximum force of bolts significantly grew. In 
this case, when bolt diameter grew from 15 to 25 mm, the maximum force of 
bolts grew from 194 to 349 kN, growing by 80%. Meantime, the stiffness of the 
reinforcement system grew by 108%. When bolts reached the maximum force, 
the bond stress at the boundary surface was in the elastic-weakening-friction 
state. Moreover, the smaller the bolt diameter, the longer the friction length. 

(2) The elastic modulus of bolts significantly affected the load-carrying force of 
bolts. With the growth of bolts’ modulus, the maximum force of bolts gradually 
grew. When the elastic modulus grew from 50 to 200 GPa, the maximum force 
grew from 229 to 269 kN, only growing by 17%. However, the stiffness of 
the reinforcement system grew by 100%. Moreover, the friction length at the 
boundary surface declined. 

(3) The grouting length had a significant effect on the maximum force of bolts. 
With the grouting length growing, the maximum force of bolts apparently grew. 
With the grouting length growing from 2 to 3 m, the maximum force rose from 
269 to 364 kN, growing by 35%. However, the grouting length had almost 
no effect on the stiffness. When bolts reached the maximum force, the bond 
stress distributing of the boundary surface was consistent. With the grouting
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length growing, the length of the elastic part and the weakening part was equal. 
By contrast, only the friction length grew. With the tensile strength of bolts 
provided, the current analytical model can be used to back-calculate the ideal 
grouting length of bolts. 

(4) The bond slipping at the bond strength affected the load-carrying force of bolts. 
When it grew from 1 to 3 mm, the maximum force dropped from 281 to 258 kN, 
dropping by 8%. As for the stiffness, it dropped by 44%. Moreover, the elastic 
length and the friction length grew. By contrast, the weakening length declined. 
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Chapter 7 
Analytical Modelling Rock Bolts 
with a Closed Nonlinear Model 

7.1 Introduction 

Rock bolts have been used in the mining industry for a long time. They are used as 
the reinforcement tendons to keep the stability of openings in underground mining 
and the slope in open-pit mining. Furthermore, currently, rock bolts are commonly 
used not only in the mining engineering but also in civil engineering [1]. 

The rock bolt is a tendon which can be a rod or a cable inserted into a bore-
hole drilled in rock masses or soils. Traditionally, the material of rock bolts was 
steel. However, engineering practices showed that the steel rock bolts can be easily 
corroded by the moist environment in underground mines. Then, the fibre-reinforced 
polymer (FRP) was used to manufacture rock bolts, which are termed as FRP rock 
bolts. Experimental results proved that the FRP rock bolts can effectively reinforce 
the surrounding rock masses without being corroded [2]. 

When rock bolts are installed, they can be point anchored or fully grouted. And 
the bonding agent can be polyester resin or cementitious grout. This chapter deals 
with fully grouted rock bolts. 

After fully grouted rock bolts are installed in rock masses, the movement of 
surrounding rock mass induces shear deformation of the grout column. Consequently, 
shear stress occurs along the bolt/grout and grout/rock interfaces. Then, the load 
can be transferred between rock bolts and the surrounding rock masses. To study 
the load transfer process of rock bolts, numerous laboratory and in situ tests have 
been conducted. Compared with that, relatively less work has been conducted with 
analytical modelling to study the load transfer behaviour of rock bolts. 

The pioneering work in this area should be attributed to Hawkes and Evans [3], 
who developed an analytical model to study the shear stress distribution along a 
fully grouted steel bolt. However, their results were only applicable to the case that 
the grouted bolt was coupled with the surrounding confining medium. Farmer [4] 
studied the shear stress distribution of the bolt/grout interface with an analytical
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model. Experimental work was used to validate this analytical model. However, this 
model was not applicable for the debonding behaviour of the bolt/grout interface. 

Ren et al. [5] studied the load transfer behaviour of a fully grouted rock bolt 
with a tri-linear model. The pull-out stages of a rock bolt were divided into five 
stages, including elastic, elastic-softening, elastic-softening-debonding, softening-
debonding and debonding. The model was successfully validated with laboratory 
and in situ test results. However, when the tri-linear model was used to depict the 
bond-slip behaviour of the bolt/grout interface, pure softening may also occur along 
the bolt/grout interface, as indicated by Blanco Martín et al. [6]. And this was not 
considered in the analytical model proposed by Ren et al. [5]. 

Recently, Liu et al. [7] proposed an analytical model to study the load transmission 
model for a rock bolt subjected to open and sliding joint displacements. Experimental 
work was used to validate this model. The modelling results revealed that for a definite 
joint displacement and joint location, larger anchored angle between the rock bolt 
and the joint face was beneficial for improving the reinforcement effect. 

Ma et al. [8] proposed an analytical model to study the load transfer mechanism 
of fully grouted rock bolts. In their model, a closed nonlinear model was used to 
depict the bond-slip behaviour of the bolt/grout interface [8–10]. In this chapter, the 
authors adopted their model and conducted a study on the load transfer behaviour of 
rock bolts. First, a general illustration of the analytical model was given. Then, an 
experimental test was used to validate this analytical model. Following it, a parametric 
study was conducted with this analytical model. Last, the load distribution along a 
fully grouted rock bolt was studied based on this analytical model. 

7.2 Illustration of the Analytical Model 

For a fully grouted rock bolting system without faceplate, when the rock bolt is 
loaded, shear stress occurs along the bolt/grout and grout/rock interfaces. When the 
shear stress is higher than the interfacial bond strength, bond failure of the interface 
occurs. Experimental tests proved that the major failure mode is the bond failure of 
the bolt/grout interface [11]. Therefore, in this chapter, failure along the bolt/grout 
interface was studied. 

Assuming that the rock bolt is in linear elastic deformation along the axial direction 
and the shear stress of the bolt/grout interface is equal to the axial displacement of 
the rock bolt at the same position, the shear stress of the bolt/grout interface, the 
pull-out load of the rock bolt and the load distribution along the rock bolt can be 
expressed with Eqs. (7.1), (7.2) and (7.3), respectively [8, 9]. 

τ (δ) = Eb Db 

4 

a 

b2 
e− δ a

(
1 − e− δ a

)
(7.1) 

Where a and b are coefficients.
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Fb(δ) = Ebπ D2 
b 
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a 

b

(
1 − e− δ a

)
(7.2) 

Fb(δ) = Ebπ D2 
b 
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a 

b 

1(
1 + e− x−x0 

b

) (7.3) 

Where x0 is a coefficient and can be calculated with Eq. (7.4). 

x0 = L + b ln
(
a 

b 

Ebπ D2 
b 

4Fb 
− 1

)
(7.4) 

7.3 Validation of the Analytical Model 

To further confirm the credibility of this analytical model, an in situ pull-out test was 
used to validate this analytical model. Bastamia et al. [12] conducted a case study in a 
coal mine. Specifically, rock bolts with a diameter of 22 mm were installed in the rock 
mass [12]. The rock bolt has an elastic modulus of 207 GPa and embedment length 
of 1800 mm. During the test, the pull-out load and displacement were recorded. 

In this chapter, to analytically model the pull-out process of the rock bolt, Eq. (7.2) 
was used to calculate the load versus displacement of the rock bolt. It was found 
that when a = 1.5 mm and b = 620.6 mm, there was a close match between the 
experimental pull-out test result and the analytical result, as shown in Fig. 7.1. 

By substituting the calculated coefficients a and b into Eq. (7.1), the shear stress 
versus shear slippage of the bolt/grout interface can be acquired, as shown in Fig. 7.2.

Fig. 7.1 Comparison of the 
in situ test result conducted 
by Bastamia et al. [12] and  
the analytical modelling 
result 
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Fig. 7.2 Shear stress versus 
shear slippage of the 
bolt/grout interface 
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It can be seen that after the rock bolt was loaded, the shear stress of the bolt/grout 
interface increased nonlinearly. When the shear slippage of the bolt/grout interface 
was 1 mm, the shear stress of the bolt/grout interface reached the bond strength of the 
bolt/grout interface, which was 1.11 MPa. After that, the shear stress of the bolt/grout 
interface decreased exponentially. 

7.4 Parametric Study 

After the analytical model was validated, a parametric study was conducted with this 
analytical model to evaluate the influence of different parameters on the load transfer 
behaviour of rock bolts. 

7.4.1 The First Coefficient 

In this analytical model, there are two important coefficients including a and b. The  
parametric study was first conducted to evaluate the influence of the coefficient a on 
the load transfer performance of rock bolts. Specifically, the load transfer of a rock 
bolt with an elastic modulus of 210 GPa and diameter of 20 mm was simulated. The 
coefficient b was kept constant in this calculation and equal to 800 mm. As for the 
coefficient a, three different values were used separately, namely 2, 3 and 4 mm. The 
pull-out load versus displacement relationship is shown in Fig. 7.3.

Apparently, the coefficient a had an obvious effect on the load transfer capacity 
of rock bolts. The maximum load transfer capacity of the rock bolt was extracted. 
Then, the relationship between the maximum load transfer capacity of the rock bolt
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Fig. 7.3 Pull-out load 
versus displacement curve of 
the rock bolt when the 
coefficient a was different
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and the coefficient a can be plotted, as shown in Fig. 7.4. It can be seen that with the 
coefficient a increasing, the maximum load transfer capacity of rock bolts increases 
linearly. 

Meanwhile, the shear stress versus shear slippage of the bolt/grout interface can 
be acquired, as shown in Fig. 7.5.

The results show that although the coefficient a was different, the trend of the bond-
slip behaviour of the bolt/grout interface was still consistent. However, the coefficient 
a had an apparent influence in deciding the shear slippage when the bond strength 
of the bolt/grout interface occurred. For example, with the coefficient a increasing 
from 2 to 4 mm, when the bond strength of the bolt/grout interface occurred, the 
shear slippage also increased from 1.4 to 2.8 mm.

Fig. 7.4 Effect of 
coefficient a on the 
maximum load transfer 
capacity of the rock bolt 
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Fig. 7.5 Shear stress versus 
shear slippage curve of the 
bolt/grout interface when 
coefficient a was different
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Furthermore, with the coefficient a increasing, the bond strength of the bolt/grout 
interface also increased. To further illustrate this, the bond strength of the bolt/grout 
interface when the coefficient a was different was extracted. Then, the relationship 
between the bond strength of the bolt/grout interface and the coefficient a was plotted, 
as shown in Fig. 7.6. 

The results show that when a = 2 mm, the bolt/grout interface had a bond strength 
of 0.82 MPa. Compared with that, when a = 3 mm, increasing by 50%, the bolt/grout 
interface had a bond strength of 1.23 MPa, increasing by 50%. Last, when a = 
4 mm, increasing by 100%, the bolt/grout interface had a bond strength of 1.64 MPa, 
increasing by 100%. Apparently, the larger the coefficient a, the higher the bond 
strength of the bolt/grout interface. Additionally, there was a linear relationship 
between the bond strength of the bolt/grout interface and the coefficient a.

Fig. 7.6 Effect of coefficient 
a on the bond strength of the 
bolt/grout interface 
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7.4.2 The Second Coefficient 

Similarly, the influence of coefficient b on the load transfer performance of a rock 
bolt was studied. The rock bolt had an elastic modulus of 210 GPa and diameter of 
20 mm. In this case, the coefficient a was kept constant and equal to 2 mm. As for the 
coefficient b, three different values were used, namely 500, 600 and 700 mm. The 
pull-out load versus displacement relationship of the rock bolt is shown in Fig. 7.7. 

Apparently, the coefficient b had a significant effect on the load transfer perfor-
mance of rock bolts. With the coefficient b increasing, the load transfer capacity 
of rock bolts tended to decrease. To clearly show this, the maximum load transfer 
capacity of rock bolts was extracted and plotted with the coefficient b (Fig. 7.8). 

Fig. 7.7 Pull-out load 
versus displacement curve of 
the rock bolt when the 
coefficient b was different 
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Fig. 7.8 Effect of 
coefficient b on the 
maximum load transfer 
capacity of the rock bolt
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Fig. 7.9 Shear stress versus 
shear slippage curve of the 
bolt/grout interface when 
coefficient b was different 
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It shows that when b = 500 mm, the maximum load transfer capacity of the rock 
bolt was 264 kN. Compared with that, when b = 600 mm, increasing by 20%, the 
maximum load transfer capacity of the rock bolt was 220 kN, decreasing by 16.7%. 
When b = 700 mm, increasing by 40%, the maximum load transfer capacity of the 
rock bolt was 188 kN, decreasing by 28.8%. Therefore, increasing the coefficient b 
leaded to nonlinear decreasing of the maximum load transfer capacity of rock bolts. 
As for the influence of the coefficient b on the bond-slip behaviour of the bolt/grout 
interface, it is shown in Fig. 7.9. 

It shows that with the coefficient b increasing, the trend of the bond-slip of the 
bolt/grout interface kept consistent. Furthermore, the coefficient b had no effect 
in deciding the shear slippage where the bond strength of the bolt/grout interface 
occurred. For example, in this case, although the coefficient b was different, the 
shear stress of the bolt/grout interface reached the bond strength at the same shear 
slippage of 1.4 mm. 

However, the coefficient b had an apparent effect on the bond strength of the 
bolt/grout interface. To illustrate this clearly, the bond strength of the bolt/grout 
interface was extracted and plotted with the coefficient b, as shown in Fig. 7.10.

The results show that increasing the coefficient b leaded to decreasing the bond 
strength of the bolt/grout interface. Specifically, when b = 500 mm, the bond 
strength of the bolt/grout interface was 2.1 MPa. Compared with that, when b = 
600 mm, increasing by 20%, the bond strength of the bolt/grout interface decreased 
to 1.46 MPa, decreasing by 30.5%. When b = 700 mm, increasing by 40%, the 
bond strength of the bolt/grout interface decreased to 1.07 MPa, decreasing by 49%. 
Therefore, there was a negative nonlinear relationship between the bond strength of 
the bolt/grout interface and the coefficient b.
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Fig. 7.10 Effect of 
coefficient b on the bond 
strength of the bolt/grout 
interface
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7.4.3 Elastic Modulus of the Rock Bolt 

The influence of the elastic modulus of the rock bolt was studied on the load transfer 
performance of rock bolts. In this case, the rock bolt had a diameter of 20 mm. As 
for the coefficients a and b, they were 2 and 500 mm. As for the elastic modulus of 
the rock bolt, they were ranged from 70 to 210 GPa with an interval of 70 GPa. The 
load versus displacement relationship of the rock bolt is shown in Fig. 7.11. 

The results show that increasing the elastic modulus of the rock bolt was beneficial 
for improving the maximum pull-out load of the rock bolt. Furthermore, with the 
elastic modulus of the rock bolt increasing, the slope of the load–displacement curve 
also increased. This indicated that increasing the elastic modulus of the rock bolt 
was beneficial for improving the stiffness of the rock bolting system.

Fig. 7.11 Pull-out load 
versus displacement curve of 
the rock bolt when the elastic 
modulus of the rock bolt was 
different 
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Fig. 7.12 Pull-out load 
versus displacement curve of 
the rock bolt when the rock 
bolt diameter was different 
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7.4.4 Rock Bolt Diameter 

The analytical model was also used to evaluate the influence of the rock bolt diameter 
on the load transfer behaviour of rock bolts. Specifically, the elastic modulus of the 
rock bolt was kept constant and equal to 210 GPa. As for the coefficients a and b, 
they were set as 2 mm and 500 mm. The rock bolt diameter was ranged from 15 to 
25 mm with an interval of 5 mm. The pull-out load versus displacement relationship 
of rock bolts is shown in Fig. 7.12. It shows that increasing the rock bolt diameter 
can effectively improve the load transfer capacity of rock bolts. 

7.5 Load Distribution Along a Fully Grouted Rock Bolt 

The load distribution along a fully grouted rock bolt was studied with this analytical 
model. Specifically, the rock bolt had an elastic modulus of 210 GPa and diameter 
of 25 mm. As for the coefficients a and b, they were set as 0.53 mm and 200 mm. 
To simulate the load variation along the grouted rock bolt, an embedment length of 
2000 mm was used. 

The rock bolt was pulled to a displacement of 3.2 mm and reached a maximum 
pull-out load of 273 kN. During the pull-out process, the axial load in the rock bolt 
was calculated when the pull-out load ranged from 50 to 250 kN with an interval of 
50 kN. Specifically, by substituting the pull-out load to Eq. (7.4), x0 can be acquired. 
Then by substituting x0 to Eq. (7.3), the axial load along the rock bolt from the free 
end to the loaded end can be acquired, as shown in Fig. 7.13.

The results show that during the pull-out process, the axial load in the rock 
bolt decayed from the loaded end to the free end independent of the pull-out load. 
However, the decaying trend of the axial load was different. Specifically, when the
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Fig. 7.13 Load distribution 
along the fully grouted rock 
bolt
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pull-out load was small, for example, 50 kN, the axial load in the rock bolt decayed 
from the loaded end to the free end with a simple exponential form. Furthermore, the 
bending direction of the load distribution curve was always upward. However, when 
the pull-out load was large, for example, 250 kN, only the axial load in the rock bolt 
close to the free end decayed with an exponential form. There were two bending 
directions of the load distribution curve. For the section close to the free end, the 
bending direction of the load distribution curve was upward whilst for the section 
close to the loaded end, the bending direction of the load distribution curve was 
downward. Nevertheless, further experimental work should be conducted to validate 
this finding. 

7.6 Limitation and Recommendation for Future Work 

A limitation of the current study was that only one experimental pull-out test was 
used to validate the credibility of this analytical model. In fact, the previous research 
has proved that the rock bolt performance was influenced by many parameters such as 
the rock bolt profile, the rock mass property, the embedment length and the borehole 
diameter [13–18]. Therefore, in the future work, more experimental pull-out tests 
with different performance will be adopted to further confirm the accuracy of the 
analytical model.
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7.7 Conclusions 

An analytical model was used to study the load transfer behaviour of fully grouted 
rock bolts. In this analytical model, a closed nonlinear model was used to depict the 
bond-slip behaviour of bolt/grout interface. 

An in situ pull-out test was used to validate this analytical model, showing 
that there was a close match between the experimental result and analytical result. 
Following it, a parametric study was conducted to evaluate the influence of two coef-
ficients, elastic modulus of the rock bolt and the diameter of the rock bolt on the 
performance of rock bolts. It was found that increasing the coefficient a leaded to 
linear increasing of the maximum pull-out load of rock bolts and the bond strength 
of the bolt/grout interface. On the other hand, increasing the coefficient b leaded 
to nonlinear decreasing of the maximum pull-out load of rock bolts and the bond 
strength of the bolt/grout interface. Improving the elastic modulus of the rock bolt 
and the diameter of the rock bolt were beneficial for improving the load transfer 
capacity of the rock bolting system. 

Additionally, the load distribution along the fully grouted rock bolt was studied 
with this analytical model. It was found that axial load in the rock bolt decayed 
from the loaded end to the free end independent of the pull-out load. However, the 
trend of the load distribution curve along the rock bolt was influenced by the pull-out 
load. When the pull-out load was relatively small, the bending direction of the load 
distribution curve was upward. However, when the pull-out load was relatively large, 
there were two bending directions of the load distribution curve. For the section close 
to the free end, the bending direction of the load distribution curve was upward whilst 
for the section close to the loaded end, the bending direction was downward. 
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